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Abstract

Rare-earth-based intermetallic systems display a wide variety of distinct magnetic proper-
ties. Besides the well-known ferromagnetic and antiferromagnetic orderings, specific arrange-
ments of magnetic moments in the lattice can exhibit a wide range of complex magnetic
behaviours, such as magnetic frustration, low-dimensional antiferromagnetism, quantum
spin liquids and so on. These magnetic phenomena are not restricted to a certain class of
materials but are commonly linked to a structural motif. It has been shown that the effects
of magnetic frustration are often pronounced in materials with high crystal symmetries
and are commonly observed in antiferromagnets with certain lattice geometries, such as
2D square lattices, Kagome (corner-sharing triangles) and triangular lattices (edge-sharing
triangles) and pyrochlore (corner-sharing tetrahedra) and face-centred cubic (edge-sharing
tetrahedra) structures. The systems studied in this thesis include CeCd3P3 and RV6Sn6,
which adopt a hexagonal crystal structure with 2D triangular lattices of 4f moments pos-
sessing trigonal and hexagonal point symmetry, respectively, and RNi4Cd, where the 4f
moments form a 3D face-centred cubic lattice. These systems serve as platforms for ex-
ploring the magnetic properties of 4f moments in different environments, with a particular
emphasis on geometrically frustrated lattices. This thesis is based on the characterization
of their crystal structures and their thermodynamic and transport properties.

This thesis also addresses the role of carrier density in 4f magnetism, which is often
overlooked. For indirect Ruderman–Kittel–Kasuya–Yosida (RKKY) exchange interactions,
conduction electrons are mediators in metals. In Ce- and Yb-based metallic systems, the
interplay between intersite 4f–4f coupling and onsite Kondo coupling with conduction
electrons determines the ground state, as described by Doniach’s phase diagram. How-
ever, the carrier density, which is determined by the number of conduction electrons and
holes, can impact these interactions and potentially influence the established phase dia-
gram. Therefore, it is necessary to study the phase diagram for low-carrier density systems.
While numerous examples of metallic systems exist, those with low carriers are scarce.
CeCd3P3 and Ce3+xRu4Sn13−x are low-carrier systems, as evident from their large room-
temperature-resistivity values (>1 mΩ cm). CeCd3P3 with negligible hybridization provides
an opportunity to study frustrated magnetism on Ce triangular lattices and to investigate
RKKY physics in low-carrier density cases. Ce3+xRu4Sn13−x, with two crystallographic
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sites for Ce ions, represents a rare example, where magnetic and electronic properties
can be systematically controlled by the occupancy of Ce-ion on the 2a site, denoted as
x. The electrical resistivity of Ce3+xRu4Sn13−x displays a transition from Kondo lattice be-
haviour to semiconductor-like behaviour with increasing x. Investigating the ground state
of Ce3+xRu4Sn13−x for various x may elucidate the role of low carriers on the magnetic
properties of heavy fermion systems.

Keywords: Rare-earth-based intermetallic compounds, geometrical frustration, low-carrier-
density, magnetism, crystalline electric field effect, RKKY, Kondo effect
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Chapter 1

Introduction

Rare-earth-based intermetallic systems contain localized 4f electron moments. The trivalent
state of rare-earth elements makes them chemically similar, which allows one to synthesize
a rare-earth series of isostructural compounds to systematically study their physical proper-
ties without abruptly changing their crystal structures. In addition, these systems provide
an opportunity to study magnetic ordering phenomena, magnetic anisotropy and other
properties related to many electron quantum numbers of the spin (S), orbital (L), and total
angular momenta (J) of the f shell.

In many Ce- and Yb-based metallic systems, interesting phenomena have been observed
when 4f electrons are delocalized. In these metallic systems, the onsite Kondo coupling
between localized 4f moments and conduction electrons competes with the intersite Ruder-
man–Kittel–Kasuya–Yosida (RKKY) interaction, where the ground states can be qualita-
tively explained by the relative strength of the two interactions. In a small Kondo coupling
JK or in weak hybridization between 4f moments and conduction electrons, the RKKY
interaction is dominant and the 4f moments form a long-range magnetic order. In a large
JK , strong hybridization results in a paramagnetic heavy fermion state due to the screening
of 4f moments by conduction electrons. In the intermediate JK regime, two interactions
compete strongly, but they can be easily tuned by external nonthermal control parameters.
For example, a continuous suppression of magnetic order toward a quantum critical point
can be achieved by pressure, magnetic field and chemical substitution. At the quantum
critical point, non-Fermi liquid behaviours resulting from quantum fluctuations have often
been observed.

Despite the classical Doniach’s picture (see Section 2.10) giving a good general explana-
tion of the observed behaviour of the Kondo lattice system, many heavy fermion materials
exhibit ground states that deviate from it. It has been theoretically and experimentally
suggested that the strength of quantum fluctuation driven by geometrical frustration or
low-carrier density plays an important role in developing unconventional quantum critical-
ity. To elucidate the role of magnetic frustration with specific lattice geometry and low-
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carrier density, the discovery of new 4f systems is necessary to provide more experimental
evidence.

1.1 Search for intermetallic systems with geometrically frus-
trated lattice

This thesis is a comprehensive exploration of multiple distinct intermetallic systems that
aims to expand the general knowledge of rare-earth-based magnetism in various crystal
structures and to explore the effects of magnetic frustration in metallic materials. Magnetic
frustration emerges from competing magnetic interactions, resulting in suppression of the
long-range magnetic order with unusual and interesting ground states, such as non-collinear
magnetic structures, unconventional spin density waves or spin glasses. These magnetic
states do not belong to specific classes of materials; however, they are generally linked to
a certain structural motif. It has been observed that the effects of magnetic frustration are
particularly pronounced in insulating antiferromagnets with high crystal symmetries and
geometrically frustrated lattices, such as 2D square nets, Kagome (corner-sharing trian-
gles) and triangular (edge-sharing triangles) lattices and pyrochlore (corner-sharing tetra-
hedra) and face-centred cubic (edge-sharing tetrahedra) structures. To explore the effect of
magnetic frustration in conducting materials, families of compounds that contain a vari-
ety of multi-electron quantum numbers J , together with geometrically frustrated lattices,
were synthesized and investigated with X-ray diffraction and thermodynamic and transport
property measurements. This provided more experimental evidence of which unusual ther-
modynamic and transport behaviours of interest can be observed and potentially linked to
frustrated magnetism. Finding examples in which the effect of magnetic frustration coex-
ists with itinerant conduction electrons is challenging but offers the possibility of revealing
highly novel electronic states. The materials were chosen based on multiple structure types,
with magnetic ions occupying the geometrically frustrated lattice while having various car-
rier densities. The intermetallic systems investigated in this thesis were examined in their
single crystalline forms.

The subsequent sections provide a brief overview of the motivations and research con-
ducted on these intermetallic systems, emphasizing the specific aspects that will be exam-
ined.

1.2 CeCd3X3 (X = P and As)

Single crystals of CeCd3X3 (X = P and As) were synthesized to investigate the magnetism
of Ce-ions on triangular lattices. The CeCd3P3 compound adopts a hexagonal ScAl3C3-type
structure (space group P63/mmc), in which the Ce triangular layers are well separated by
the Cd and X atoms and form a 2D geometrically frustrated triangular lattice in the ab-
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plane, with the Ce3+ atoms having trigonal-point symmetry. The results of magnetization,
electrical and Hall resistivity and specific heat measurements of single-crystal CeCd3P3

indicate a strongly anisotropic magnetic response in a low-carrier-density environment, an
emergent spin-orbit-entangled doublet ground state of Ce at low temperatures and low-
temperature antiferromagnetic ordering at TN ∼0.41 K. However, due to the extremely low-
carrier density of this compound, the Kondo effect is absent. Thus, CeCd3P3 provides
an opportunity to study the complex interplay between magnetic frustration on the Ce
triangular lattice and RKKY physics in a low-carrier density condition.

Due to the high vapor pressure of P and As, the samples of CeCd3X3 single crystals
were grown by my supervisor. As for my contribution, I performed X-ray diffraction, specific
heat, resistivity and magnetization experiments on both CeCd3P3 and LaCd3P3, as well as
RCd3As3 (R = La, Ce). Furthermore, I took responsibility for the manuscript’s preparation,
including the creation of plots and writing. This work has been published in Physical Review
B [1, 2].

1.3 RV6Sn6

As part of my MSc, I synthesized single crystals of the heavy rare-earth compounds RV6Sn6

(R = Gd−Tm), along with the non-magnetic analog R = Y and Lu in 2016. At that time, the
literature only reported polycrystalline samples, and there was limited information available
regarding the physical properties of these compounds, apart from magnetization measure-
ments on polycrystalline GdV6Sn6. Since then, the RT6X6 system has gained interest in the
condensed matter physics community due to the observation of exotic quantum phenomena
in CoSn, Co3Sn2S2 and Fe3Sn2 associated with topologically nontrivial band structures.
Recent angle-resolved photoemission spectroscopy (ARPES) experiments have highlighted
the unique characteristics of RT6X6, such as flat Dirac cones and saddle points. One of the
appealing aspects of RT6X6 compounds is the pristine setting they provide for realizing
these states, as the Kagome layer formed by the transition metal in RT6X6 does not con-
tain any other atoms. The RT6X6 compounds crystallize into a hexagonal HfFe6Ge6-type
structure, with hexagonal layers formed by the rare-earth atoms and Kagome layers formed
by the vanadium atoms. Growing single crystals of nonmagnetic RV6Sn6 compounds, such
as R = Y and Lu, offers an opportunity to study magnetism on the Kagome lattice. How-
ever, the vanadium ions on the Kagome layers do not possess a magnetic moment, allowing
for a focused investigation of the magnetism arising solely from the 4f moments on the
hexagonal layers. Among these, TbV6Sn6 exhibits the strongest magnetic anisotropy due
to its crystal structure and the influence of the crystal electric field (CEF) effect on the
4f moments. Additionally, the magnetic ordering temperature in these compounds roughly
followed the de Gennes factor, suggesting the dominant role of the RKKY exchange inter-
actions between the 4f moments. The separation between the rare-earth layers in RV6Sn6,
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similar to that in hexagonal RCd3X3 (X = P and As) compounds, is significant, resulting
in a quasi-2D rare-earth hexagonal lattice. This configuration has attracted considerable in-
terest because theoretical and experimental studies have proposed that RKKY interaction
in such structures could potentially host a skyrmion phase in conjunction with geometric
frustration.

In this study, I grew single crystals and conducted measurements of powdered X-ray
diffraction patterns, specific heat, resistivity and magnetization. This work has been pub-
lished in Physical Review Materials [3].

1.4 RNi4Cd

To explore the magnetic properties of localized 4f moments in a face-centred cubic (fcc) lat-
tice, single crystals of RNi4Cd (R = rare-earth) were synthesized. The magnetic rare-earth
ions forms an fcc lattice, which may have resulted in geometrical frustration. This investi-
gation built upon previous work on YbNi4Cd (MSc thesis), which exhibited unconventional
quantum criticality near the putative quantum critical point (QCP). The rare-earth series
RNi4Cd, particularly GdNi4Cd, provides an opportunity to examine the extent of magnetic
frustration in this family and possibly shed light on the observed quantum criticality in
YbNi4Cd. The S-state of Gd3+ ions eliminates the influence of CEF effects, making Gd
compounds the best choice for studying magnetic interactions between rare-earth moments.
Additionally, the isostructural compounds RCu4In (R = Gd−Tm) displays a signature of
magnetic frustration with a frustration parameter f = |TN/θp| ∼10, which can be tuned by
substituting In with Cd. Thus, it is desirable to investigate the parameters and conditions
affecting TN and θp to better understand the role of magnetic frustration in the magnetic
properties of the RT4X family (R = Gd−Tm, T = Cu and Ni, X = In, Cd, Ag, Au, Pd,
Mg and Cu).

In this study, I synthesized single crystals of RNi4Cd and conducted measurements
of X-ray diffraction patterns, specific heat, resistivity and magnetization. I also took full
responsibility for the preparation of the manuscript, including the creation of plots and
writing. This work has been submitted to Physical Review Materials.

1.5 Ce3+xRu4Sn13−x

This study explores the ground state of the Ce3+xRu4Sn13−x compound. Magnetization,
specific heat and resistivity measurements reveal intriguing characteristics: the absence of
magnetic ordering, the presence of a broad maximum in specific heat and magnetic suscepti-
bility at low temperatures and Kondo-lattice-like behaviour in resistivity. These observations
highlight the intricate interplay between carrier density and the Kondo effect. However, the
physical properties derived from the Kondo effect cannot be solely attributed to ordinary
Kondo interactions coupled with crystal field effects. Notably, the investigation unravels the
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significance of Ce ion occupancy at the 2a site in Ce3+xRu4Sn13−x, which has two distinct
crystallographic sites for Ce ions. While the 2d-site is fully occupied by Ce, the occupancy
of Ce at the 2a site varies due to its coexistence with Sn. The control of this occupancy
becomes feasible by carefully selecting the initial loading composition.

Furthermore, single crystals of R3+xRu4Ge13−x for R = Ce and Yb were synthesized.
Investigations of magnetization, specific heat and resistivity measurements for R3Ru4Ge13

(R = Y, Ce, Gd, Yb, Lu) demonstrate characteristics associated with heavy fermion sys-
tems. Ce3+xRu4Ge13−x exhibits a stronger Kondo interaction compared to Yb3+xRu4Ge13−x

due to its mixed valence character. In contrast, Yb3+xRu4Ge13−x displays an anomalous
magnetic order at low temperatures, as evidenced by a broad peak in specific heat. The
previously reported isostructural compound Yb3Ir4Ge13, classified as a Kondo semimetal,
exhibits a broad peak in the specific heat rather than a clear λ-like transition. The fragile
magnetism observed in Yb3Ir4Ge13 was suggested to result from the failure to establish
long-range magnetic ordering due to low-carrier density [4]. Therefore, Ce- and Yb-based
R3+xT4X13−x systems serve as examples of novel phenomena resulting from the interplay
between Kondo and RKKY interactions under low-carrier density, which is further modu-
lated by the occupancy of Ce at the specific site.

Only Ce3+xRu4Sn13−x will be included in this thesis. The synthesis and measurements of
R3+xRu4Ge13−x have been completed; however, they will not be included in the thesis due
to incomplete data analysis. The work of Ce3+xRu4Sn13−x has been published in Physical
Review Materials [5].

1.6 Layout of the thesis

This thesis is structured as follows. Chapter 2 provides a comprehensive discussion on the
magnetic properties of rare-earth-based intermetallic compounds. This chapter also dis-
cusses the approach to growing single crystals, which serves as the standard procedure for
the growth of single crystals investigated in this thesis. The main intermetallic systems stud-
ied in this thesis are presented in subsequent chapters. Chapters 3, 4, 5 and 6 each focus on
CeCd3P3, RV6Sn6, RNi4Cd and Ce3+xRu4Sn13−x, respectively. These chapters comprise an
introduction, experimental results and their subsequent discussions. Each chapter concludes
with a summary that highlights the key findings. Chapter 7 concludes the thesis by sum-
marizing the main findings and providing an outlook for future research directions. Overall,
this thesis presents a comprehensive exploration of different intermetallic systems, providing
insights into their magnetic properties and contributing to a broader understanding of 4f
systems.
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Chapter 2

Theoretical and experimental
overview of intermetallic
compounds

2.1 Single ion magnetism

While many textbooks have covered the basics of magnetism [6], this section focuses on the
essential information necessary to explain the observed magnetic properties of rare-earth-
based intermetallic compounds. Magnetism, a quantum mechanical phenomenon, results
from the quantization of the spin and orbital motions of electrons in units of ℏ. The magnetic
properties of an atom or ion are determined by the electronic state of its partially filled shell.
The appropriate Hamiltonian for a single ion with a partially filled shell can be expressed
as follows [7]:

H =
∑
i=1

(
p2

2m + V (ri)
)

︸ ︷︷ ︸
H0

+
∑
i<k

q2

rij︸ ︷︷ ︸
HCoulomb

+
∑

i

ξ(r)(li · si)︸ ︷︷ ︸
HSOC

(2.1)

where H0 is the most dominant term which describes the sum of the kinetic and potential
energy of electrons without interactions between the electrons. The states of electrons in
the same shell, which have 2(2l+1) possibilities, are degenerate. The factor 2 outside the
bracket accounts for the spin degrees of freedom. The remaining HCoulomb and HSOC terms
are treated as perturbations to H0. With the Coulomb interaction, the 2(2l+1) degeneracy
is lifted. Because of the large electrostatic electron-electron repulsion, the lowest energy
configuration of the electrons in the shell is achieved by distributing electrons among 2l+1
possible orbitals in such a way that the occupation of two electrons in the same orbital is
least favored. Since H0 is independent of total orbital angular momentum L (∑i li) and total
spin angular momentum S (∑i si), which commute with H0, L and S as well as J are good
quantum numbers. The spin-orbit interaction couples total orbital angular momentum with
total spin angular momentum, i.e. J = L±S, also known as Russell–Saunders (LS) coupling
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Figure 2.1: Overview of the energy splitting scheme for 4f ions in a crystalline solid.

scheme. For lighter atoms, where Coulomb interaction dominates over spin-orbit interaction,
the Russell-Saunders coupling scheme is appropriate. However, for heavier atoms where the
strength of spin-orbit interaction increases with atomic number as HSOC ∝ Z2, the j-j
coupling scheme should be used when HCoulomb ≪ HSOC . In the j-j coupling scheme,
the total angular momentum of each electron in the unfilled shell is determined to a first
approximation by ji = li ± si [7].

2.2 Single ion in a crystalline solid

In real materials, magnetism arises from the collective contributions of magnetic ions within
a solid. For crystalline materials, the constituent atoms form a periodic lattice that produces
periodic electrostatic charge distributions. If one of the constituent atoms is magnetic,
the magnetic ion experiences anisotropic electrostatic fields produced by neighboring ions,
known as the crystalline electric field (CEF) which will be discussed in Section 2.5. In this
environment, the degeneracy of the single J multiplet described in Section 2.1 is further
lifted. The relative energy scale between spin-orbit coupling and CEF depends on the source
of magnetism (e.g. 3d vs. 4f), and determines the order in which the splitting occurs. If
the source of magnetism is 3d, spin-orbit coupling is generally much weaker than CEF
(HSOC ≪ HCEF ), and the strong CEF quenches the orbital moment (L = 0). In this case,
the CEF splitting precedes the SOC splitting. If the source of magnetism is 4f , the energy
scale of CEF is much weaker than spin-orbit coupling (HCEF ≪ HSOC), and the Hund’s
rule ground state is applicable, with 4f magnetism well-explained by the total angular
momentum J . An external magnetic field within the solid further lifts the degeneracy,
known as Zeeman splitting. Figure 2.1 provides an overview of the energy splitting scheme
for typical 4f ions in a crystalline solid.
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Figure 2.2: Radial wavefunctions of various shells for Gd3+ [8].

2.3 4f moment

The rare-earth elements comprise 15 lanthanides ranging from lanthanum (4f0) to lutetium
(4f14), along with scandium and yttrium. Scandium and yttrium have an empty 4f shell,
which makes them non-magnetic. In lanthanide elements, the observed local moment char-
acter arises from the well-preserved 4f shells that are shielded by the outer completely
filled 5s2 and 5p6 shells. The atomic configuration of lanthanides is [Xe]4fn6s2, except for
lanthanum, cerium, gadolinium, and lutetium, which have [Xe]4fn5d16s2. In the ionic state,
the two 6s electrons and one electron from the 4f shell are lost, leading to the trivalent
state R3+. As a result, 4f electrons do not participate in chemical bonding and are weakly
affected by the surrounding environment. Freeman and Watson [8] performed Hartree-Fock
calculations to determine the square of the radial wavefunctions of various shells for Gd3+,
as shown in Figure 2.2. The positions of the 4f electrons are likely to be closer to the atom’s
core than those of the 5s, 5p, and 6s electrons. Therefore, the 4f electrons are localized on
the atom in intermetallic compounds, and the 4f wavefunction does not overlap with an-
other 4f wavefunction of a nearest-neighbor atom. Consequently, the 4f system can be
regarded as a model system that describes localized 4f -moments fixed at the lattice points.

To determine the moment of 4f -electrons, it is commonly assumed that the quantum
numbers describing 4f -electrons are derived from the LS-coupling scheme. This assumption
is valid since the gap between the LS-multiplets is large enough that the total orbital angular
momentum L and the total spin angular momentum S remain good quantum numbers.
The values of L and S can be obtained from the ground state electronic configuration
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of 4f -electrons, and the rules for finding L and S are given by the sum of the orbital
quantum numbers li and spin quantum numbers si, respectively. Additionally, the total
angular momentum J , due to strong spin orbit coupling, is given by Hund’s rule as follows:

• Combination electrons that has maximum spin multiplicity (2S+1) has the lowest
energy

• Out of all possible maximum 2S+1, one that has maximum L has lowest energy

• J = |L−S| for less than half-filled shell and J = L+S for more than half-filled shell

The magnetic properties arising from the rare-earth elements are governed by the Hund’s
rule ground state. The magnetic moment due to the orbital angular momentum and the
spin angular momentum are given by

L = µBL = µB

√
L(L+ 1), (2.2)

S = gsµBS = 2µB

√
S(S + 1), (2.3)

where µB is the Bohr magneton. The magnetic moment due to both L and S is

J = L + S = µB(L + S) (2.4)

According to Wigner Eckhardt theorem, the total moment due to total angular momentum
is given by

µ = −gJµBJ, (2.5)

where gJ is the Landé g-factor which accounts for the different weight of the spin and the
orbital contributions to the total angular momentum. The Landé g-factor is given by

gJ = 1 + J(J + 1) + S(S + 1) − L(L+ 1)
2J(J + 1) (2.6)

The summary of associated quantum numbers for 4f -electrons and Landé g-factors is
tabulated in Tab. 2.1.

2.4 Curie-Weiss law

According to the classical theory of paramagnetism, magnetic moments are treated as in-
dividual magnetic dipoles that do not interact with one another.

H =
N∑

j=1
(H(j)

0 +H
(j)
SO − mj · B0) (2.7)

H
(j)
0 represents the total background energy arising from the Coulomb interaction between

electrons and the nucleus on the jth ion. H(j)
SO accounts for the spin-orbit coupling effect on
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Table 2.1: A summary of associated quantum numbers for 4f -electrons and Landé g-factors
in lanthanide series.

4f e− [R3+] S L J gJ

0 La 0 0 0 –
1 Ce 1/2 3 5/2 6/7
2 Pr 1 5 4 4/5
3 Nd 3/2 6 9/2 8/11
4 Pm 2 6 4 3/5
5 Sm 5/2 5 5/2 2/7
6 Eu 3 3 0 –
7 Gd 7/2 0 7/2 2
8 Tb 3 3 6 3/2
9 Dy 5/2 5 15/2 4/3
10 Ho 2 6 8 5/4
11 Er 3/2 6 15/2 6/5
12 Tm 1 5 6 7/6
13 Yb 1/2 3 7/2 8/7
14 Lu 0 0 0 –

the jth ion. Finally, the Zeeman energy term is added. The balance between the strengths
of the spin-orbit coupling and the Zeeman interactions determines the magnetization. The
magnetization is defined as

M = n<m>, (2.8)

where n is N/V and the brackets <· · ·> is the quantum statistical average. The mag-
netization induced in a paramagnet by a magnetic field B0 applied along the z-direction
is

M = n
1
Z1
Tr(meβH1) = nkBT

∂

∂B0
lnZ1, (2.9)

where Z1 is the single-particle partition function. The factors that affect the magnetization
are thermal energy kBT , spin-orbit interaction, and magnetic field.

The partition function Z1 can only be determined in the limiting cases since J is no
longer a useful quantum number when the magnetic field is present.

In the strong spin-orbit coupling limit, which is applicable in magnetic, rare-earth-based,
intermetallic compounds, it it generally assumed that only the ground state of the (LS)-
multiplets is occupied and J can become a useful quantum number.

The relevant energy is then

EγLSJMj = E
(0)
γLSJ + gJMJµBB0. (2.10)
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From this we can obtain the partition function

Z1 = e−βE
(0)
γLSJ

sinh (βgJµBB0(J + 1
2))

sinh(1
2βgJµB0)

. (2.11)

Using Eq. 2.9, the magnetization can obtained as

M = M0BJ(βgJJµBB0), (2.12)

where M0 is the saturation magnetization, M0 = nJgJµB, BJ is the Brillouin function,
which is defined as

BJ(x) = 2J + 1
2J coth

(2J + 1
2J x

)
− 1

2J coth
(
x

2J

)
. (2.13)

The magnetic susceptibility is obtained by

χ = µ0

(
∂M

∂B0

)
T
. (2.14)

In the high-temperature limit (βµBB0 ≪ 1), the Brillouin function reduced to

BJ ≈ J + 1
3J x+O(x3), (2.15)

which leads to the Curie’s law

χ = C

T
=
NAp

2
effµ0µ

2
B

3kBT
, (2.16)

where C is the Curie constant. peff is the effective magneton number and can be defined
as

peff = gJ

√
J(J + 1). (2.17)

Curie’s law does not take into account interactions between magnetic moments, while the
Curie-Weiss law extends it by incorporating the effect of the Weiss molecular field, de-
noted by λ. At high temperatures, the thermal energy dominates over the exchange interac-
tion between magnetic moments. As temperature decreases, the exchange interaction grows
stronger, causing the magnetic moments to align spontaneously. The energy at which spon-
taneous magnetization occurs is proportional to the internal magnetic field, known as the
Weiss molecular field or exchange field Hex, which is related to the magnetization produced
by local electron spins.
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The exchange interaction between the electron spins lies on the realm of quantum me-
chanics. The exchange interaction energy is

Eex = 2J̃
∑
i<j

Si · Sj , (2.18)

where the sum is over nearest spins. J̃ is the exchange field, which is taken as a mean field,
is produced by the exchange interactions with the nearest spins. The exchange field at i-th
spin is

Hex(i) = − 2J̃z

gµB
< S > . (2.19)

The magnetization is given by

M = NAgµB < S > . (2.20)

Then the effective field becomes

H = H0 +Hex = H0 + λM, (2.21)

where H0 is the external field. The Curie’s law now becomes

χ = M

(H0 + λM) = C

T
. (2.22)

After rearranging, the Curie-Weiss law can be obtained:

χ = C

T − Cλ
= C

T − θCW
, (2.23)

where θCW is the paramagnetic Curie-Weiss temperature, given by

θCW = Cλ = NAg
2µ2S(S + 1)

3kB

2zJ̃
g2µ2

BNA
= 2zJ̃

3kB
S(S + 1). (2.24)

The magnitude of θCW indicates the strength of the molecular field, which also measures
the strength of exchange interactions between the spins. If θCW > 0 (J̃ > 0), ferromag-
netic exchange interactions are dominant. If θCW < 0 (J̃ < 0), antiferromagnetic exchange
interactions are dominant.

2.5 Crystalline electric field

Rare-earth intermetallic compounds exhibit very large magnetic anisotropy that arise mostly
from the crystalline electric field (CEF). When moment-bearing ions occupy a crystallo-
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graphic site, the surrounding atoms produce electric fields due to their charge distributions.
This CEF splits the degeneracy of Hund’s rule ground state multiplet.

In the point charge model, the surrounding atoms are treated as point charges located at
R⃗. If the rare-earth ion’s position is at the origin, the potential at a point r⃗ can be obtained
by summing the potentials from the surrounding point charges as follows [9]:

V (r⃗) = 1
4πϵ0

∑
l

qi

|r⃗ − R⃗i|
, (2.25)

which satisfies Laplace equation, ∇2V = 0. Expanding the potential VCEF as the product
of a radial component and spherical harmonics is a convenient approach because it makes
it easier to find the matrix element. Specifically, the potential can be expressed in terms
of spherical harmonics or tesseral harmonics, which can then be used to obtain the matrix
element. The expansion takes the form:

V (r, θ, ϕ) =
∑

i

l∑
m=−l

Am
l r

lY m
l (θ, ϕ), (2.26)

where
Am

l = (−1)m 4π
2l + 1

∑
j

qj

Rl+1Y
−m

l (Θ,Φ) (2.27)

Then, the CEF hamiltonian is

HCEF = −|q|
∑

i

Vi(r⃗) (2.28)

A common method to determine the energy levels and eigenfunctions of ions in a crys-
talline electric field is to diagonalize the CEF matrix. One approach to calculating the
matrix elements involves expressing Equation 2.28 using Stevens operators, which involve
Jz or J±. The CEF Hamiltonian becomes

HCEF =
∑

n

∑
m

Bm
n O

m
n , (2.29)

where the Stevens operators Om
n are functions of the total angular momentum J , while the

CEF parameters Bm
n include θl term and determine the energy levels of the CEF states. θl

can be denoted as Stevens factors αj , βj , and γj for l =2, 4, and 6, respectively. Stevens
factors depend on the form of the electronic charge cloud. Values of Stevens factors for
rare-earth ions can be found other textbook [10].

The Hamiltonian given in Eq. 2.29 is dependent on the symmetry of the central atom,
and therefore limits the number of non-zero CEF parameters. It is important to determine
the crystallographic site occupied by rare-earth ions, as this will help simplify the CEF
Hamiltonian. In cases where rare-earth ions occupy a crystallographic site with cubic point
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symmetry, the CEF Hamiltonian can be reduced to

Hcubic
CEF = B0

4(O0
4 + 5O4

4) +B0
6(O0

6 − 21O6
6) (2.30)

For Ce3+, Stevens factor γj becomes zero, which further reduces the Hamiltonian with
only B0

4 parameter. The CEF of cubic symmetry lifts the Hund’s rule ground state multiplet
J = 5/2 into a doublet Γ7 and a quartet Γ8-quartet as follows

|Γ7⟩ = a |±5/2⟩ − b |∓3/2⟩

|Γ8⟩ =
{

|±1/2⟩
b |±5/2⟩ + a |∓3/2⟩

(2.31)

For the cubic point symmetry, the value of B0
4 is given by B0

4 = ∆/360, where ∆ is the
energy gap between Γ7 and Γ8. To determine the ground state and energy gap, experiments
such as neutron scattering, magnetic susceptibility, and specific heat measurements are
necessary.

The CEF levels have a significant impact on the physical properties of these compounds,
and temperature-dependent magnetic susceptibility, magnetization, and magnetic specific
heat can be calculated when a magnetic field is applied along α = x, y, z as follows:

χαα(T ) = NA(gJµB)2
[∑

n

β
e−βEn

Z
⟨λn| Jα |λn⟩2 +

∑
n

∑
m

1
∆E

e−βEm − e−βEn

Z
⟨λm| Jα |λn⟩2

]

(2.32)

Mα(T ) = gJµB

∑
n

e−βEn

Z
⟨λn| Jα |λn⟩ (2.33)

C(T ) = kB

∑
n

−βEn

Z

(
En

kBT

)2
− kB

∑
n

(
e−βEn

Z

En

kBT

)2

(2.34)

When rare-earth ions occupy a crystallographic site with hexagonal or tetragonal point
symmetry, a strong magnetic anisotropy exists between the basal plane and the c axis.
Magnetic susceptibility with the field applied along different crystallographic directions
gives rise to anisotropy, except for Gd due to its S-state (L = 0). The paramagnetic Curie-
Weiss temperature θα, obtained from the magnetic susceptibility of a single crystal with a
field applied along the α-direction, can be expressed as follows [11]:

kBθα =
∑

n ⟨Γn|
[
J2

α − J(J+1)
3 HCEF |Γn⟩

]
∑

n ⟨Γn| J2
α |Γn⟩

(2.35)
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Using Eq. 2.35, the paramagnetic Curie-Weiss temperatures for different field directions can
be expressed in terms of B0

2 and B2
2 as follows:

kBθx = 1
10(B0

2 −B2
2)(2J − 1)(2J + 3)

kBθy = 1
10(B0

2 +B2
2)(2J − 1)(2J + 3)

kBθz = −1
5B

0
2(2J − 1)(2J + 3).

(2.36)

The magnetic susceptibility in the basal plane is assumed to be isotropic for rare-earth ions
occupying a crystallographic site with hexagonal or tetragonal point symmetry. In these
point symmetry, B2

2 = 0 and the second order CEF parameter B0
2 can be obtained by the

difference between kBθx and kBθz as follows:

kB(θx − θz) = 3
10B

0
2(2J − 1)(2J + 3). (2.37)

The second order CEF parameter B0
2 can be expressed as B0

2 = αJ<r2>A0
2, where

αJ denotes the multiplicative Stevens factor which is a rare-earth-dependent and <r2>
represents the mean square of the 4f electron radius, in the point charge model. A0

2 is a
coefficient in the expansion of the solution of Laplace’s equation in spherical harmonics for
the electrostatic potential at the rare earth site due to the CEF. All A0

2 values are negative
throughout the rare-earth series. The sign of B0

2 is determined by αJ . Since <r2> is always
positive, the sign of B0

2 is solely determined by αJ . If B0
2 is the predominant term, then a

negative B0
2 value would favor the alignment of magnetic moments in the basal plane, while

a positive B0
2 value would prefer the alignment of magnetic moments along the c axis. The

sign of αJ are positive for Sm3+, Er3+, Tm3+, and Yb33+. For heavy rare-earth intermetallic
compounds with rare-earth occupying non-cubic point symmetry site, the change in easy-
magnetization from Ho to Er observed in experiment is the result of this CEF effects on
rare-earth ions.

2.6 RKKY interaction

The small overlap between 4f orbitals on neighboring rare-earth ions due to the much
smaller mean radius of the 4f shell compared to the interionic spacing makes direct ex-
change coupling between 4f -moments difficult. However, in metals, despite similar interionic
spacing to that of insulators, magnetic couplings between ions are two orders of magnitude
stronger, allowing for magnetic order up to 300 K. This is due to the indirect exchange
interaction, mediated by conduction electrons. Ruderman and Kittel independently devel-
oped the theory to describe this indirect exchange coupling between the nuclear spin and
conduction electron spin via the hyperfine interaction in 1954 [12]. This theory was later
applied to localized 4f -moments by Kasuya [13] and Yosida [14], and the name RKKY was
coined after these four scientists.
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The exchange interaction, Jsf , between the localized spin Si at R and a conduction
electron spin si at r is treated as a perturbation and can be written as

Hsf = −J(r − R)
2∑

i=1
si · Si (2.38)

where J(r−R) is approximated with the constant J0δ(r−R) in the RKKY interaction. It
is important to note that the exchange interaction, also known as s-f interaction, between a
4f electron and a conduction electron is determined by the interband exchange interaction
J(k,k′) in momentum space. The interband mixing results in an antiparallel alignment
between the spin of the 4f electron and that of the conduction electron, particularly for
ions with more than half-filled 4f shells (R = Gd - Yb). This interband mixing is highly
dependent on the direction of the conduction electron momentum, and thus, results in
anisotropies in the RKKY conduction spin-density distribution [15, 16]. However, in the
RKKY theory, the exchange integral is assumed to be isotropic, meaning that the indirect
exchange is unchanged with respect to a uniform rotation of the angular momenta, and a
function of k −k′ = q only. In this theory, J(q) is considered to be a constant J0 [17], albeit
with crude approximations.

A single ionic spin S on the electrons gas leads to the spin polarization of the conduc-
tion electrons. Since Hsf is spin dependent, conduction electrons of different spin respond
differently. The wavefunctions in the the first order perturbation theory are

ψ
(1)
± (r,k) = ψ

(1)
± (r,k) +

∑
k′ ,s

ψs(r,k′)⟨ψs(r,k′)|Hsf |ψ±(r,k)⟩
E(k) − E(k′) , (2.39)

where s = ± refers to the spin, and E(k) is the unperturbed energy of an electron in state
k. The densities of electron with + and - spins are the sums of |ψ(1)

± (r,k)|2 over all filled
states. The spin polarization can be defined as

P (r) =
∑

k
f(k){|ψ(1)

+ (r,k)|2 − ψ
(1)
− (r,k)|2}, (2.40)

where f(k) is the occupation number for states k. Using the free electron model, Eqs. 2.39
and 2.40 give the spin polarization as

P (r) =
∑

q
J(q)

∑
k

{
f(k) − f(k + q)
E(k) − E(k + q)

}
eiq·r (2.41)

=
∑

q
J(q)χ(q)eiq·r, (2.42)

where χ(q) is the susceptibility function. By changing the summation to integration, q-
dependent susceptibility becomes
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χ(q) = mkF

4π2ℏ2

(
1 +

4k2
f − q2

4kF
ln q + 2kF

q − 2kF

)
. (2.43)

The real space susceptibility can be obtained by Fourier transform and is given by

χ(r) = 1
(2π)3

∫
d3qχ(q)eiq·r (2.44)

= 9πZ2

2V 2EF
F (2kF r), (2.45)

where Z is the number of conduction electrons per atom, V is the atomic volume, and

F (x) = sin x− x cosx
x4 . (2.46)

The Ruderman-Kittel function form, denoted by F (x), is responsible for the oscillatory
nature of the RKKY interaction. This long-range interaction is a consequence of the sharply
defined Fermi surface resulting from the Fermi-Dirac distribution function f(k), which
contains a large portion of parallel surfaces separated by 2kF . The period of oscillation in
real space is 2π/2kF , and F (x) decays as cos (2kF r)/r3. This oscillatory behavior is similar
to Friedel oscillations, which occur when the electron gas responds to a delta-function charge
and results in oscillations in electron charge density.

The polarization produced by a spin at Ri will interact with another spin at Rj through
Hfs. The second order perturbation theory, the effective interaction between the two spins
is

Hij = −
∑
k,k′

| ⟨k′ |Hfs |k⟩ |2
{
f(k) − f(k + q)
E(k) − E(k + q)

}
, (2.47)

where f(k) is the Fermi-Dirac distribution function which is to restrict intermediate state
to |k′ | > kF and occupied states to |k| ≤ kF . Substituting Eq. 2.38 leads to an effective
Hamiltonian of the Heisenberg type between two localized spins as follows

Hij = −J(Ri − Rj)Si · Sj , (2.48)

where
J(Ri − Rj) =

∑
q
J2(q)χ(q)eiq·(Ri−Rj) (2.49)

In the RKKY approximation, J(q) = J0 and using Eq. 2.43

J(Ri − Rj) = 9πZ2J2
0

2V 2EF
F (2kF |Ri − Rj |) (2.50)

since
kF = (3π2N)1/3;EF = ℏ2

2m(3π2N)2/3 (2.51)
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2.7 de Gennes scaling

Within the mean field theory, Cλ in Eq. 2.23 is the paramagnetic Curie-Weiss temperature
θp and λ is proportional to the exchange interaction. Thus, θp can be expressed as follows:

kBθp =
−3πz2mj2

sf

4ℏk2
F

S(S + 1)
∑

i

F (2kFRi) (2.52)

Typically, the magnetic moments of rare-earth ions are described by the quantum number
J . It would be convenient to express S in terms of J in Eq. 2.38, i.e. S = (gJ − 1)J. Since
the mean field demands θp equal to ordering temperature TM , this leads to

kBTM = kBθp =
−3πz2mj2

sf

4ℏk2
F

(gJ − 1)2J(J + 1)
∑

i

F (2kFRi), (2.53)

where (gJ − 1)2J(J + 1) is known as de Gennes factor. It is expected that TM and θp scales
linearly with the de Gennes factor if rare-earth provides the same number of electron to the
conduction band [18]. The de Gennes factor is highest for Gd. Hence, Gd typically exhibits
the highest ordering temperature in the isostructural series. Note that it is sometimes ob-
served that the magnetic ordering temperature of Tb is higher than that of Gd. This can
be attributed to the significant magnetic anisotropy of Tb ions caused by crystal electric
field (CEF) effects.

2.8 Kondo effect

The typical temperature-dependent behavior of a metal’s resistivity is determined by the
scattering mechanisms of conduction electrons, such as electron-phonon and electron-electron
interactions, which weaken as temperature decreases. However, in metals with dilute mag-
netic impurities, a rise in resistivity as temperature decreases has been observed. This was
first noted by Jun Kondo in 1964 [19], who identified the single-ion Kondo effect as the
cause of the − log(T ) dependence in resistivity. Kondo employed second-order perturbation
theory to describe the antiferromagnetic coupling between the spin of the conduction elec-
tron s and the spin of the localized moment S in the Hamiltonian. It should be noted that
Kondo’s perturbation theory is valid only above the characteristic energy scale of the Kondo
interaction [20], kBTK , which is given by

kBTK = De−1/2JN(EF ), (2.54)

where D is the conduction electron bandwidth and N(EF ) is the density of states at the
Fermi level. For T ≪ TK , in a strong coupling limit, subsequent non-perturbative approaches
such as Anderson’s poor man scaling [21] and Wilson’s renormalization group [22] have
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Figure 2.3: Temperature-dependent magnetic resistivity of CexLa1−xCu6 showing the evo-
lution from single-ion regime to Kondo lattice regime by increasing Ce substitution. Figure
is modified from [23].

revealed that a cloud of conduction electrons scatters off a magnetic impurity and screens
it completely as T → 0, forming the many-body nonmagnetic singlet.

2.9 Kondo lattice

The preceding section discussed the single-ion Kondo effect, in which isolated magnetic im-
purities are dispersed randomly throughout a metallic host and exhibit Kondo scattering
incoherently at high temperatures [24]. However, when these magnetic impurities are ar-
ranged periodically, a phenomenon known as the dense Kondo lattice occurs. In this case,
many individual single-ion Kondo effects behave collectively, resulting in a coherent state
at low temperatures. The Hamiltonian that describes the Kondo lattice model is as follows:

H =
∑
k,σ

ϵ(k)c†
kck,σ + JK

∑
i

Si · si, (2.55)

where JK is the antifferomagnetic coupling between the spin of the local moment and the
spin of the conduction electrons. Upon decreasing temperature, the Kondo coherence leads
to the development of a broad maximum in resistivity with negative logarithmic tempera-
ture dependence, as observed in the single-ion Kondo effect. This evolution from the single-
ion Kondo effect to Kondo coherence can be observed in the compound CexLa1−xCu6, as
illustrated in Fig. 2.3. At low concentrations of Ce (x = 0.094), magnetic Ce ions act as in-
dependent scattering centers, resulting in a random distribution within the crystallographic
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site. However, as the Ce concentration increases, the periodicity of Ce increases, leading to
coherent scattering and a return to normal metallic behavior. The reduced spin disorder
scattering, imposed by translational symmetry, occurs at a characteristic energy scale known
as the coherence temperature (Tcoh), which is indicated at the resistivity maximum. In the
Kondo lattice regime (also known as the heavy fermion regime), the conduction electrons
strongly hybridize with the 4f electrons below Tcoh, and the coherence state recovers Fermi
liquid regime, resulting in ρ(T ) ∝ T 2.

The crystalline electric field effect described in section 2.5 and the Kondo effect described
in section 2.9 are typically discussed separately. However, in real materials, both effects are
present and interact with each other, resulting in a combined effect that cannot be explained
by simply adding the two contributions. In some Ce- and Yb-based Kondo lattice systems,
the Kondo effect acts on one of the CEF splitting levels depending on the relative energy
strengths of the CEF energy gap and the characteristic Kondo temperature. The resulting
magnetic specific heat, resistivity, magnetic susceptibility as a function of temperature has
been calculated in Refs. [25, 26, 27].

2.10 Doniach phase diagram

The competition between inter-site RKKY interaction and on-site Kondo interactions de-
termines the ground state of a Ce- or Yb-based intermetallic compound [28]. As explained
in Sections 2.6 and 2.8, the energy scales associated with these interactions are TRKKY =
J2

KN(EF ) and TK = De−1/2JKN(EF ), where JK is the exchange interaction between the 4f
electron and conduction electrons, and N(EF ) is the electronic density of states at the Fermi
level. Figure 2.4 depicts the classical Doniach phase diagram illustrating the competition
between RKKY and Kondo interactions, where the relative strength of these interactions
can be adjusted by a single parameter JKN(EF ). The strength of JK is determined by the
hybridization potential Vsf and the position of the 4f level E4f with respect to the Fermi
level EF . In the Hubbard model, the intra-site Coulomb repulsion energy U for the two
electrons with opposite spin is much greater than EF − E4f . JK can be given by

JK ≈
V 2

sf

EF − E4f
. (2.56)

Rare-earth-based intermetallic compounds typically have 4f levels that lie deep inside
the Fermi level. As a result, the difference between EF and E4f is large, which leads to a
small JK . In this regime, the magnetically ordered state is favored. However, the strength of
JKN(EF ) can be adjusted through chemical doping, pressure, or magnetic field, allowing for
the suppression of magnetic order as JKN(EF ) increases and TRKKY becomes comparable
to TK . In the regime TK ∼ TRKKY , many exotic phenomena driven by quantum fluctuation
have been observed. In the large JKN(EF ) limit, all local moments are fully screened and
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Figure 2.4: Doniach phase diagram.

behave like a paramagnet, entering a paramagnetic heavy fermion regime. In this regime,
the Fermi liquid state (ρ ∝ T 2) is typically recovered.

2.11 Geometrical frustration

Typically, geometrical frustration refers to a phenomenon observed in antiferromagnets on a
two-dimensional (2D) triangular lattice of Ising spins, where it becomes impossible to align
all spins antiparallel simultaneously [29]. In general, spins minimize their energy by ordering,
such as parallel alignment for ferromagnets and antiparallel alignment for antiferromagnets.
However, in triangular lattices with antiferromagnetic exchange interaction, not all spins can
be ordered simultaneously, leading to a large number of degenerate ground states [30]. This
phenomenon, arising solely from geometric constraints, is known as geometrical frustration.
Triangle or tetrahedron motifs, as shown in Fig. 2.5, can be used to construct 2D and 3D
frustrated lattices such as Kagome (corner-sharing triangles) and triangular lattices (edge-
sharing triangles), and pyrochlore (corner-sharing tetrahedra) and face-centred cubic (edge-
sharing tetrahedra). The degree of geometrical frustration in a material can be quantified
by the frustration parameter, which is defined as:

f = |θCW |
TN

, (2.57)

where materials with f > 10 are considered to be strongly frustrated [30]. The magnetic
behavior of a material is strongly influenced by its crystal structure, which determines the
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Figure 2.5: Triangular and tetrahedron unit.

arrangement of localized moments. Thus, understanding the crystal structure is crucial for
explaining the observed magnetic properties.

Strongly geometrically frustrated systems provide a platform for studying novel phe-
nomena, such as highly correlated fluctuating spin liquid state QSL [31, 32]. Several can-
didate materials have been proposed for hosting various types of QSL depending on the
models used to describe them. The most notable candidates are 2D organic salts κ-(BEDT-
TTF)2Cu2(CN)3 [33], Herbertsmithite ZnCu3(OH)6Cl2 [34], α-RuCl3 [35], and YbMgGaO4

[36]. 4f -based frustrated systems, which exhibit strong spin-orbit coupling, have also demon-
strated novel phenomena arising from anisotropic exchange interactions, such as the real-
ization of spin ice in pyrochlore R2Ti2O7 (R = Dy and Ho) [37] and complex spin texture,
such as skyrmion in Gd2PdSi3 [38].

Unlike geometrically frustrated insulating magnets, where only short-range interactions
dominate via superexchange or dipolar exchange interactions, the presence of the conduction
electrons in 4f -based metallic systems fosters RKKY exchange interactions, which stabilize
long-range ordering even in a frustrated lattice. In fcc RCu4X (R = Gd - Tm and X = In,
Cd) [39], it has been shown that the degree of magnetic frustration can be modified by the
electrical conductivity, altering the coupling strength between the moments by changing
the effective number of conduction electrons participating in the RKKY interactions. This
change in relative coupling strengths (e.g., superexchange vs. RKKY) between the moments
has resulted in various magnetic structures [40, 41, 42].

Moreover, when 4f -electrons undergo Kondo effect in a frustrated lattice, the combina-
tion of quantum fluctuations induced by geometrical frustration and the Kondo screening
leads to novel types of quantum phase transitions with various novel phases such as metallic
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spin liquid, which is distinctive from the spin liquid described above, and Kondo-destructed
antiferromagnetic and paramagnetic phases with different Fermi surface volumes [43, 44].
Doniach phase diagram only considers the Kondo coupling JK as the parameter controlling
the relative strength between RKKY and Kondo interactions. However, theoretical studies
and experimental evidence suggest that an additional parameter, Q, which represents the
strength of quantum fluctuations or zero-point motion induced by geometrical frustration or
competing interactions, is necessary to explain non-Fermi liquid behavior and antiferromag-
netic phases with small and large Fermi surfaces in heavy fermion systems [45, 46, 47, 48].

The compounds YbPtBi [49], YbAgGe [50], and Pr2Ir2O7 [51] have been reported to ex-
hibit non-Fermi-liquid behaviors due to geometrical frustration. However, it is worth noting
that similar quantum critical phases have also been observed in Ge-substituted YbRh2Si2
[52] and YbAlB4 [53], which are not geometrically frustrated. Therefore, it is important to
investigate whether frustration-like behavior in these compounds arises from non-frustrated
lattices or if additional parameters other than Q are necessary to fully understand the global
phase diagram.

2.12 Kondo Lattice in dilute carrier limit

The presence of a sufficient number of conduction electrons is necessary for the formation
of either a magnetically ordered state between local 4f -moments via RKKY interactions or
a Fermi liquid state by strong hybridization between 4f -electron and conduction electrons
via Kondo interactions. However, heavy fermion systems with an insufficient number of
conduction electrons have recently garnered interest due to their exotic behaviors. Kondo
screening via singlet formation requires at least one conduction electron per localized f

electron. When the total number of localized 4f -electrons exceeds the total available con-
duction electrons for screening, full screening cannot be achieved, resulting in protracted
Kondo screening. This phenomenon was first predicted theoretically in the periodic Ander-
son model [54] and subsequently observed experimentally in YbX4In (X = Ag, Cd, In, Mg,
Tl, Zn) [55], low-carrier system CeNi2−δAs2 [56], and in CeNi2−δ(As1−xPx)2 [57]. The full
Kondo screening, which promotes 4f -electron spin to the Fermi sea and increases the Fermi
surface volume, cannot be achieved within a low conduction electron background, resulting
in a small Fermi surface. In conventional Doniach’s phase diagram, the competing interac-
tion can be varied by the Kondo coupling JK or density of state at the Fermi level N(EF ).
Due to the easy tunability of Kondo coupling with non-thermal controls, heavy fermion
systems that have been studied for quantum criticality are mostly metals that assume there
are sufficient numbers of conduction electrons. However, heavy fermion systems with low-
carrier-density are lacking, and it is desirable to search for such systems to understand the
role of carrier concentration on competing interactions and quantum criticality.
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In Kondo lattice systems, the low number of conduction electrons can lead to gap forma-
tion, as demonstrated by the prototypical Kondo insulator SmB6, where the transition from
metallic to insulating behavior in resistivity is observed with decreasing temperature due to
the opening of a gap induced by the hybridization of 4f -electrons with conduction electrons
via strong spin-orbit coupling [58, 59]. This is a consequence of the periodic Anderson Kondo
lattice model in the half-filled case, where one local moment and one conduction electron per
unit cell contribute to the conduction electron band, causing the chemical potential to fall in
the gap and leading to the insulating behavior. The importance and tunability of spin-orbit
coupling in Kondo insulators has been demonstrated in Ce3Bi4Pt3, where the transition
from Kondo insulator to semimetal can be observed by decreasing the strength of spin-orbit
coupling as Pt is replaced by Pd [60]. The inclusion of spin-orbit coupling of 5d-conduction
electrons in Kondo lattice systems and reducing the number of conduction electrons give rise
to various phases such as topological Kondo insulators [61], Dirac-Kondo semimetals [62],
and Weyl-Kondo semimetals [63], which compete with conventional Kondo-coherent and
magnetic states and introduce a new regime in the heavy fermion phase diagram [64, 62].

2.13 Single crystal growth by flux method

In research, high quality samples are essential in all aspects of materials science, especially
condensed matter physics. The absence of impurities and defects associated with grain
boundaries can provide unique mechanical, optical, electrical, and magnetic properties that
can be anisotropic. Polycrystalline samples consist of small single crystals with randomly
oriented grains separated by grain boundaries, where the random crystal orientation av-
erages out any anisotropic properties. Consequently, crucial information on magnetic and
electronic anisotropies is absent from bulk physical property measurements of polycrys-
talline samples. Therefore, high quality single crystals are necessary to study directional
dependence of various physical properties.

In this thesis, although there are several techniques available for growing single crys-
tals, all samples are grown by the flux method which involves growing single crystals from
high temperature solutions [65]. In this method, all the constituents dissolve into the flux
at sufficiently high temperatures, where common flux elements include Al, Bi, Ga, In, Pb,
and Sn, owing to their low melting temperatures. Compared to other single crystal growth
methods such as Czochralski and zone refining, the flux method has several advantages.
One of the main advantages is that it allows for growing single crystals within the tem-
perature range of a typical bench-top furnace by utilizing the eutectic regime in the phase
diagram. The Czochralski and zone melting methods are typically limited to compounds
that melt congruently, whereas the flux method is suitable for both incongruently melting
and peritectically decomposing materials. When the growth conditions for the flux method
are determined, multiple parameters are required to be considered, such as the purity and
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melting temperature of constituent elements and temperature profiles. Binary phase dia-
gram often helps to determine the ratio among constituents and maximum and decanting
temperature.

Understanding the binary phase diagram is essential to grow single crystals of a tar-
get compound. In the following, the basic elements of the binary phase diagram is ex-
plained, which is a vital information for growing ternary compounds studied in this thesis.
As an example, the Gd-Cd phase diagram is shown in Fig.2.6. There are six thermodynam-
ically stable binary compounds indicated by vertical lines: GdCd, α- and β-GdCd2, GdCd3,
Gd11Cd45, Gd13Cd58, and GdCd6. The liquidus line separates the liquid region and the
regions containing liquid and solid. An incongruently melting compound decomposes into
another solid and liquid phase before melting completely. Except GdCd compound, all bi-
nary compounds in the Gd-Cd phase diagram melt congruently (peritectic decomposition).
GdCd6, for example, is stable up to 716 ◦C and decomposes into Gd13Cd58 and liquid above
716 ◦C, known as the peritectic reaction. GdCd melts congruently at 1170 ◦C, meaning that
it melts completely into liquid above 1170 ◦C with the same composition as the solid.

This binary phase diagram can be utilized to grow single crystals by the flux method,
typically preparing the initial mixture with the desired composition. For example, if the tar-
get compound is GdCd6, one can use the composition indicated by a red circle in Fig.2.6(a).
The mixture with 92 % Cd and 8 % Gd is heated to the temperature corresponding to the
horizontal position of the red circle (800 ◦C), and then slowly cooled down to 400 ◦C which
is sufficiently above the melting temperature of Cd (∼324 ◦C). When the mixture reaches
the liquidus line, GdCd6 starts to form, following the red line along the liquidus line. At
400 ◦C, the solid phase GdCd6 can be separated from the liquid phase by a centrifuge. The
cooling rate and initial stoichiometry can be adjusted to obtain a larger size and better
quality of the sample that is likely to yield by a longer cooling time. However, it is not
always the case.

To grow a ternary compound, the similar procedure for growing a binary compound can
be followed. However, since ternary phase diagrams are not widely available, binary phase
diagrams of the constituent elements are relied upon to prevent the formation of unwanted
binary phases. The goal is to choose an initial mixture composition with sufficient amounts of
flux and without any binary liquidus lines at the working temperatures of the constituent
elements. Note that to avoid reactions with the crucible, the concentration of rare earth
elements should be less than 12% as a rule of thumb.

In Fig.2.7(a), a ternary plot of Gd-Ni-Cd displays known binary (gray circle) and ternary
intermetallic compounds (stars). Binary compounds located on the edges of the ternary plot
can be grown using binary phase diagrams, shown in Fig.2.6 b) and c). Since the ternary
phase diagram are unknown, the liquidus surface for a target phase has to be guessed from
the Gd-Cd, Gd-Ni, and Cd-Ni binary phase diagrams. For instance, to grow GdNi4Cd (target
phase), the initial mixture composition is chosen as 1:4:25 = Gd:Ni:Cd, as indicated by the
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Figure 2.6: Binary phase diagram for Gd-Cd.

blue circle. At this composition, Gd and Ni will dissolve into Cd melt above 700◦C. Based
on the Gd-Cd and Ni-Cd phase diagrams, there are no liquidus lines for binary compounds
above 700◦C, providing an opportunity to grow GdNi4Cd, if it exists, above 700 ◦C. Also,
when cooled just above 700◦C, touching liquidus surfaces for other ternary phases indicated
by black stars should be minimized to maximize the yield of the target phase.

The techniques of growing a ternary single crystal described above are used for all
single crystals studied in this thesis. Details of single crystal growth, used in this thesis, are
described in each corresponding chapter.
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Chapter 3

The 2D metallic triangular lattice
antiferromagnet CeCd3P3

3.1 Abstract

Single crystals of RCd3P3 (R = La and Ce) have been investigated by magnetization, electri-
cal resistivity, Hall coefficient, and specific heat. Magnetization measurements of CeCd3P3

demonstrate clear quasi-2D magnetic behavior. Electrical resistivity and Hall coefficient
measurements suggest that RCd3P3 compounds are low carrier-density metallic systems, in
strong contrast to an earlier study of polycrystalline material. Specific heat and electrical
resistivity measurements of CeCd3P3 reveal a high temperature (structural) phase transi-
tion at Ts = 127 K and antiferromagnetic ordering below TN = 0.41 K. Upon applying
magnetic field in the easy-plane (H∥ab) the magnetic ordering temperature increases to
0.43 K at H ∼ 15 kOe, demonstrating partial lifting of the magnetic frustration. The large
electronic specific heat persists in an unusually wide range of temperature above TN , due
to the frustrated spins. The observation of conventional metallic behavior in the electrical
resistivity suggests that the f -electrons in CeCd3P3 undergo negligible hybridization with
the conduction electrons. Thus, CeCd3P3 may be a model system for exploring the com-
plex interplay between magnetic frustration and RKKY physics on a low carrier-density Ce
triangular lattice.

3.2 Introduction

The ground states of geometrically frustrated insulating magnets exhibit a range of uncon-
ventional order parameters [30, 66, 67]. In low dimensional quantum magnets, competing
magnetic exchange interactions give rise to strong frustration accompanied by enhanced
quantum fluctuations. For such systems, frustration may prevent the magnet from form-
ing long range order, leading to magnetically liquid states [31, 68, 69, 70]. These “spin
liquids” come in different forms, depending on the type of magnetic exchange interaction
(e.g., Heisenberg, Dzyaloshinskii-Moriya, or Kitaev) and the lattice geometry (e.g., square,
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triangular, Kagome, honeycomb, or pyrochlore) [66, 31, 69]. In particular, spins on two-
dimensional (2D) triangular lattices, interacting antiferromagnetically via XY or Heisen-
berg exchange, provide an excellent opportunity to study various ground states, and have
strong potential for realizing the spin-liquid state in 2D [29, 71, 72, 73, 74, 75, 76, 77, 78].
Until now, most such spin systems have been insulating. Finding examples in which the
spin-liquid state coexists with itinerant conduction electrons remains challenging, but offers
the possibility of revealing highly novel electronic states.

For triangular lattice (TL) magnets with 4f -electrons, spin-orbit entanglement strongly
enhances quantum fluctuations and promotes a liquid ground state characterized by highly
anisotropic interactions between moments [79, 80, 81, 82, 83, 84, 85]. In the absence of
spin-orbit coupling, it has been shown that the frustration is partially lifted by forming a
planar 120o spin structure with strong magnetic anisotropy [86, 87, 88, 89, 90]. Examples of
f -electron materials with 2D TL structures include spin-gapped YbAl3C3 [91, 92, 93, 94],
spin-liquid systems YbMgGaO4 [95, 96, 97, 98, 36] and NaYbS2 [99, 100], and easy-plane an-
tiferromagnets CeCd3P3 and CeCd3As3 [101, 102]. Recently, a putative quantum spin-liquid
state in which magnetic order remains absent and magnetic excitations persist down to low
temperatures has been claimed for 4f -electron insulating TL magnets such as YbMgGaO4

[97] and NaYbS2 [99], where an effective Jeff = 1/2 spin moment can be realized due to
strong spin-orbital coupling in conjunction with the crystalline electric field (CEF) effect.
For metallic materials, containing Ce and Yb elements, the physical properties are associ-
ated with the competition between Kondo hybridization and RKKY interactions [28, 103].
However, rich behavior can also be driven by magnetic frustration, which promotes com-
plex ordering and might even lead to a quantum spin liquid state under some circumstances
[48, 104, 105, 106, 107, 49, 50, 108]. Clearly, then, it is desirable to uncover new f -electron
metals satisfying the conditions for magnetic frustration.

In this report, we present physical properties of single crystals of RCd3P3 (R = La and
Ce). At room temperature, RCd3P3 materials adopt the hexagonal ScAl3C3-type structure
(space group P63/mmc), in which the Ce triangular layers are well separated by the Cd
and P atoms and form a 2D, geometrically frustrated TL in the ab-plane, with the Ce3+

atoms having trigonal point symmetry [101, 109, 110, 111]. The results of magnetization,
electrical and Hall resistivity, and specific heat measurements of single crystal CeCd3P3 in-
dicate strongly anisotropic quasi-2D magnetism associated with low carrier-density metallic
behavior; an emergent spin-orbit-entangled doublet ground state of Ce at low temperatures;
a high temperature (structural) phase transition at Ts = 127 K; and low temperature anti-
ferromagnetic ordering at TN = 0.41 K. Previously, polycrystalline CeCd3P3 was reported
to be a semiconductor with a band gap of ∼0.75 eV, with measurements of magnetic sus-
ceptibility revealing no magnetic ordering down to 0.48 K [101]. Similarly, the isostructural
system CeZn3P3 was reported as showing semiconducting behavior with a relatively small
band gap [112, 113, 114].
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Figure 3.1: (a) (b) Single crystal X-ray patterns for RCd3P3 (R = La and Ce). Insets show
photographs of LaCd3P3 and CeCd3P3 single crystals on a 1 mm grid scale. (c) Crystal
structure of RCd3P3. (d) Local coordination environments of R-site.

3.3 Experiments

Single crystals of RCd3P3 (R = La and Ce) were prepared by high temperature ternary melt
[65]. The as-grown single crystals have hexagonal morphology and form very thin ab-plane
platelets, reflecting their layered structure, as shown in Fig. 3.1. The samples have been
characterized using powder X-ray diffraction (XRD) in a Rigaku MiniFlex instrument at
room temperature. The XRD pattern contains no indications of impurity phases. Analysis
of the powder XRD patterns shows that samples crystallize in the hexagonal ScAl3C3-type
structure (P63/mmc, 194) with lattice parameters a = 4.2767 Å and c = 20.9665 Å for
CeCd3P3 and a = 4.2925 Å and c = 21.0763 Å for LaCd3P3, consistent with earlier work
[101]. As seen in the platelet XRD results in Fig. 3.1, only (0, 0, ℓ) reflection peaks are
detected, indicating that the crystallographic c-axis is perpendicular to the planes.

Magnetization was measured as a function of temperature, from 1.8 to 300 K, and mag-
netic field, up to 70 kOe, using a Quantum Design (QD) Magnetic Property Measurement
System (MPMS). Four-probe ac resistivity measurements were performed in a QD Physi-
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cal Property Measurement System (PPMS). Hall resistivity measurements were performed
in a four-wire geometry, for which the magnetic field directions were reversed to remove
magnetoresistance effects due to voltage-contact misalignment. Specific heat was measured
by the relaxation method down to T = 0.37 K in a QD PPMS. For the dc transport mea-
surements, samples were prepared by attaching Pt wires using silver paste. Due to the high
contact resistance, of the order of 50 Ω at room temperature, we were not able to measure
dc resistivity at low temperatures. Thus, microwave surface resistance measurements were
performed below 5 K, at a frequency of 202 MHz.

3.4 Results

Figure 3.2(a) shows the temperature dependence of magnetic susceptibility, χ(T ) = M/H,
of LaCd3P3. χ(T ) displays temperature independent, diamagnetic behavior down to roughly
100 K. As temperature decreases χ(T ) increases slightly below 100 K, most likely due to
the presence of paramagnetic impurities, consistent with the magnetic field dependence of
magnetization at T = 1.8 K shown in Fig. 3.2(b).

Figure 3.2(c) shows the temperature dependence of the electrical resistivity, ρ(T ), of
LaCd3P3. The ρ(T ) curve exhibits typical metallic behavior below 400 K, except for a
distinct feature near Ts = 172.5 K. The phase transition temperature Ts is determined from
analysis of dρ/dT and indicated by the arrow in Fig. 3.2(d). However, χ(T ) shows no sign
of a phase transition near Ts. It is notable that the resistivity at 300 K is much larger
than that of typical metals, suggesting low carrier concentration in this system. The effect
of a magnetic field on the phase transition is shown in Fig. 3.2(d), where the application
of 90 kOe along the c direction shifts the transition upwards by less than 1 K. It should
be noted that in earlier work on polycrystalline LaCd3P3, ρ(T ) exhibited semiconducting
behavior and showed no sign of a phase transition near Ts [101].

The temperature dependence of the specific heat, Cp(T ), of LaCd3P3 is shown in Fig. 3.2(e).
Cp(T ) reveals a clear signature of the phase transition, with a λ-like anomaly at Ts = 173 K
(see inset), consistent with the electrical resistivity. No thermal hysteresis is observed at
Ts, as seen in the inset of Fig. 3.2(e). Because the specific heat curve does not follow
Cp(T ) = γT + βT 3 at low temperatures, as shown in Fig. 3.2(f), neither γ nor Debye
temperature ΘD can be accurately obtained. Thus, the value of γ is estimated by a linear
extrapolation to zero temperature of the Cp(T )/T curve below 2.1 K. Within error, the
estimated γ is consistent with zero, reflecting either a small electronic enhancement or a
low carrier-density. Note that the Cp(T )/T value at 1.8 K is ∼ 2.5 mJ/mole K2.

The inverse magnetic susceptibility, 1/χ(T ), of CeCd3P3 is displayed in Fig. 3.3(a), for
H∥ab and H∥c, together with the polycrystalline average, defined by χpoly = 2

3χab + 1
3χc.

Remarkably, χab is much larger than χc, reflecting two dimensional magnetic behavior most
likely due to the presence of strong CEF effects. At high temperatures, the susceptibility
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Figure 3.2: Physical properties of LaCd3P3. (a) Magnetic susceptibility M/H at H = 70 kOe
for H∥ab and H∥c. (b) Magnetization isotherm M(H) at T = 1.8 K. (c) Electrical resistivity
ρ(T ) at H = 0 and 90 kOe. (d) The data from (c) for 160 K < T < 190 K. Vertical arrow
indicates a minimum in dρ(T )/dT . (e) Specific heat Cp. The inset shows an enlarged plot
near the phase transition. Open and closed symbols are the data taken on warming and
cooling, respectively. (f) Cp/T vs. T 2. The solid line represents the linear extrapolation of
Cp/T below 2.1 K. 32
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data are well described by a Curie–Weiss law, χ(T ) = C/(T − θp), where C and θp are the
Curie constant and Weiss temperature, respectively. The effective magnetic moments (µeff)
and θp values estimated from 1/χ(T ) are 2.56 µB and −225 K for H∥c, 2.54 µB and 10 K
for H∥ab, and 2.54 µB and −40 K for the polycrystalline average, respectively. Note that
for H∥c, µeff and θp are highly dependent on the fitting range, and the results quoted above
are for a fit performed in the range 300 K to 375 K. The effective moments obtained are
close to the theoretical value of µeff = 2.54 µB for free Ce3+ ions. The large negative θp for
χpoly indicates strong antiferromagnetic coupling in CeCd3P3. The deviation of magnetic
susceptibility from a Curie-Weiss law below ∼ 250 K can be attributed to CEF effects. It
should be noted that µeff and θp inferred from the polycrystalline average are consistent with
earlier work on polycrystalline samples, which reported µeff = 2.77 µB and θp = −60 K [101].
Furthermore, these values are rather similar to findings on CeCd3As3 [102] and CeZn3As3

[110] powder samples. Since the magnetic susceptibility at high temperatures is strongly
influenced by the CEF, µeff and θp are also estimated by fitting the 1/χ(T ) curve below
10 K: µeff = 2.03 µB and θp = −4 K for H∥ab; µeff = 1.7 µB and θp = −4.1 K for the
polycrystalline average. It should be noted that 1/χ(T ) for H∥c shows no linear temperature
dependence below the maximum around ∼ 50 K.

Figure 3.3(b) shows the magnetization M(H) measured for H∥c and H∥ab in fields up
to 70 kOe at T = 1.8 K. No hysteresis loop is observed for either orientation of magnetic
field. M(H) displays a large anisotropy between H∥c and H∥ab, reflecting two-dimensional
magnetic behavior, as expected from the crystal structure and the easy-(ab) plane of mag-
netization. M(H) for H∥c is very small and increases linearly up to 70 kOe, whereas M(H)
for H∥ab increases linearly up to 45 kOe and starts to roll over slightly at higher magnetic
fields, reaching a value of ∼1 µB/Ce3+ at 70 kOe. M(H) at 70 kOe is smaller than that
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expected from the theoretical value of gJ = 2.14 µB, obtained using the J = 5/2 free-ion
result for Ce3+.

Figure 3.4(a) compares Cp(T ) of CeCd3P3 with that of LaCd3P3. On cooling, Cp(T ) of
CeCd3P3 reveals a somewhat broadened λ-like feature at Ts ∼ 127 K, and a sharp λ-like
anomaly at TN = 0.41 K, as seen in Figs. 3.4(b) and (c), respectively. No thermal hysteresis
is observed at either transition. Note that previous magnetic susceptibility measurements on
polycrystalline material reported no indications of magnetic ordering or electronic structure
changes down to 0.48 K [101]. In the new single crystal measurements, the anomaly at
0.41 K and the large specific heat below 5 K prevent us from using the Cp(T ) = γT + βT 3

analysis to estimate γ and ΘD directly from low temperature data. Instead, using a linear
fit to Cp/T vs. T 2 above 5 K, shown in Fig. 3.4(d), we find that the Debye temperature is
ΘD ∼ 140 K and that the electronic specific heat coefficient is consistent with zero. The
negligibly small γ value suggests either a small effective mass or low density for the charge
carriers in CeCd3P3.

The magnetic contribution to the specific heat, Cm, of CeCd3P3 is obtained by sub-
traction of data obtained on the nonmagnetic analog LaCd3P3. Figure 3.5 shows Cm (solid
circles, left axis) together with the magnetic entropy Sm (solid line, right axis). In addition
to the λ-like anomalies at TN and Ts, two distinct features are observed in Cm: i) a broad
feature above TN , indicative of a large electronic contribution (large Cm/T ) to the magnetic
specific heat; and ii) a broad local maximum at ∼ 150 K, suggestive of a Schottky contri-
bution. Note that the sharp features at 127 K and 173 K are due to the non-coincident
structural phase transitions in CeCd3P3 and LaCd3P3. Because of the magnetic ordering
below 0.41 K, an unambiguous extrapolation of the specific heat to T = 0 cannot be made.
Thus, the integration of Cm/T has been performed from the base temperature of 0.37 K.
This will underestimate the total magnetic entropy, especially at low temperatures. At TN ,
roughly 20% of the R ln(2) entropy is released as seen from Fig. 3.5. Above TN , Sm increases
smoothly towards higher temperatures and approaches 5 J/mole-K around 5 K, which is
smaller than R ln(2). When the missing entropy below 0.37 K (∼1 J/mole-K) is taken into
account, we believe that the true value of this entropy is R ln(2), consistent with a Kramers
doublet ground state. With further increasing temperature, Sm increases smoothly towards
higher temperature, merging with the doublet-ground-state R ln(2) entropy value at about
40 K. The full R ln(4) entropy is recovered at around 200 K. The dashed line in Fig. 3.5
represents a three-level Schottky contribution with the first excited state at 260 K and
the second excited state at 600 K. Thus, the broad local maximum around 150 K can be
explained by the effect of thermally excited CEF energy levels.

Cm/T curves for H∥ab are plotted at select magnetic fields in Figs. 3.6(a) and (b).
The magnetic ordering temperature TN increases slightly up to 15 kOe then decreases
beyond this field. For H > 22.5 kOe, the magnetic ordering is suppressed below the base
temperature of the experiment. For H = 50 kOe, Cm/T increases logarithmically with
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decreasing temperature below 1.5 K. For H ≥ 60 kOe, a broad maximum develops in Cm/T

and moves to higher temperature as magnetic field increases. The height and width of the
maximum cannot be solely ascribed to an electronic Schottky contribution due to Zeeman
splitting of the ground state doublet, as shown by the solid line in Fig. 3.6(c), which is
calculated for an 8 K energy splitting.

The specific heat as a function of field, Cp(H), is shown in Fig. 3.6(d). The Cp(H)
curve at T = 0.41 K indicates three peaks at H = 1.2, 3.2, and 19 kOe. No hysteresis is
detected for these peaks. For H > 19 kOe, Cp(H) drops sharply with a slope change around
50 kOe. This slope change becomes a broad local maximum and moves toward higher field
as temperature increases. Figure 3.6(e) shows Cm(H)/T as a function of magnetic field,
extracted from the specific heat measurement as a function of temperature in a constant
field. Data taken from Cp(H) at T = 0.41 K (open circles) are also shown. For H < 50 kOe,
Cm(H)/T indicates large peaks due to magnetic ordering. Cm(H)/T at T = 0.37 K shows
a maximum at ∼ 2 kOe and a peak at ∼ 22.5 kOe. When the temperature is increased to
0.43 K, a single peak is observed around ∼ 15 kOe. At T = 0.5 K, Cm(H)/T depends weakly
on field below 50 kOe, but is quickly suppressed above this field. All the anomalies observed
in the low temperature specific heat measurements are used to construct a partial H–T
phase diagram for H∥ab, shown in Fig. 3.6(f). Since magnetic ordering can be suppressed
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by external magnetic fields, it is expected that the 0.41 K phase transition in zero field is not
related to ferromagnetic ordering but instead antiferromagnetism. There are at least two
ordered antiferromagnetic phases, denoted AFM1 and AFM2, and a paramagnetic phase,
PM.

Figure 3.7(a) shows ρ(T ) for CeCd3P3, for currents flowing in the ab-plane (ρab) and
along the c-axis (ρc). The resistivity is anisotropic, with ρab about 5 times larger than ρc

at 300 K, where the resistivity values are 28.12 mΩ-cm and 5.16 mΩ-cm, respectively. ρ(T )
decreases with decreasing temperature, indicating metallic behavior for both current direc-
tions. Note that no pronounced resistivity anisotropy is observed in a La-based analogous
compound.

There is a nonmonotonic feature around Ts = 128 K, with the local minimum in ρab

determined from the zero crossing in dρ/dT and indicated by the arrow in the inset of
Fig. 3.7(a). There is no evidence of thermal hysteresis. Since the resistivity of LaCd3P3 also
shows a similar anomaly, around 173 K, it is likely the same phenomenon is responsible
in both compounds. It should be noted that the earlier study of polycrystalline CeCd3P3

indicated semiconducting behavior and showed no such phase transition at Ts [101]. A
small positive magnetoresistance (MR) is observed in CeCd3P3 across the entire measured
temperature range, and an applied magnetic field of 90 kOe does not shift Ts. Due to the
large contact resistance (∼50 Ω at 300 K) in the dc resistivity measurements, microwave
measurements were instead performed below 5 K. The surface resistance, Rs(T ), shown in
Fig. 3.7(b), increases with decreasing temperature and displays a slope change at 0.42 K
[Fig. 3.7(c)]. The phase transition temperature is determined from the change in slope of
Rs(T), and is consistent with the specific heat results presented earlier.

It is notable that ρ(T ) of both the La- and Ce-compounds is much larger than the
resistivity values usually observed in rare-earth-based intermetallic compounds, suggesting a
low carrier concentration in these systems. As a further probe of the carrier-density, the Hall
resistivity ρH has been measured as a function of temperature and magnetic field. ρH curves
for CeCd3P3 are plotted as a function of field in the inset of Fig. 3.8 at selected temperatures,
where it is seen that ρH is linear in field and positive for the entire temperature range. The
temperature dependence of the Hall coefficient, RH = ρH/H, is plotted for H = 90 kOe
in Fig. 3.8. It should be emphasized that ρH/H is effectively temperature independent and
indicates only a tiny jump at the phase transition Ts = 128 K. The positive sign of ρH/H

indicates that transport is dominated by hole-like carriers. Based on a one-band model the
carrier-density is estimated to be ∼ 6 × 1020/cm3 at 300 K, which corresponds to ∼ 0.002
carriers per formula unit (f.u.), confirming the low carrier-density. Thus, the negligibly small
γ values for LaCd3P3 and CeCd3P3 (obtained from the high temperature C/T vs. T 2) are
due to the low carrier-density in these compounds.
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3.5 Discussion

Due to the strong spin-orbit coupling and CEF, combined with the trigonal point symmetry
of the Ce-atom, the ground state of Ce3+ ions in CeCd3P3 is a Kramers doublet. Many
Ce-based compounds with trigonal point symmetry show a similar CEF scheme with a
very pronounced easy-plane anisotropy and a small c-axis magnetization. For example, the
anisotropic χ(T ) curves and θp values of CeCd3P3 are rather similar to those of CeIr3Ge7

[111] and CeCd3As3 [102] compounds. A comprehensive analysis of the CEF scheme of Ce3+

in the trigonal point symmetry has been presented in Ref. [111], where a strong easy-plane
anisotropy is originates from large positive CEF parameters B0

2 and B3
4 . Note that the

mixing CEF parameter B3
4 is absent for the sixfold point symmetry in hexagonal systems,

resulting in pure |±1/2⟩, |±3/2⟩, and |±5/2⟩ CEF doublets [115, 111] Unlike the sixfold
case, the presence of B3

4 in trigonal symmetry induces mixing of the |±5/2⟩ and the |∓1/2⟩
states in the ground-state doublet. For isostructural CeCd3As3, the highly anisotropic χ(T )
is well reproduced by this CEF calculation, where the energy splittings between the ground
state and the first and second excited states are ∆1 = 241 K and ∆2 = 282 K [111].
Although we have not attempted to extend the CEF calculation of Ref. [111] to CeCd3P3,
we have carried out a fit to specific heat data using the three-doublet scheme shown in
Fig. 3.5. Based on the specific heat analysis, the CEF scheme of CeCd3P3 is quite similar
to that of CeCd3As3, except for a larger overall splitting, where the second excited state is
located at ∆2 = 600 K. Since the ground state Kramers doublet is well isolated from the
excited states, the low temperature thermodynamic and transport properties of CeCd3P3

must be governed by the low energy state of the Ce3+ ions. Therefore, the 2D magnetism
of CeCd3P3 cannot be explained solely on the basis of an effective Jeff = 1/2 ground state,
but both |±5/2⟩ and |∓1/2⟩ contributions must be considered together.

It is notable that the high temperature anomaly at Ts in ρ(T ) of RCd3P3 is observed at
the same temperature as the λ-like anomaly in the specific heat. The failure to observe a
corresponding anomaly in χ(T ) means that this transition cannot have a magnetic origin.
In addition, the isostructural RAl3C3 (R = Ce, Dy, Er, Tm, Yb, and Lu) compounds show
clear structural phase transitions [93]. Considering that the crystal structures are of the
same type as the RAl3C3 materials, it is reasonable to assume that the high temperature
anomalies observed in the RCd3P3 compounds have a structural origin. ρ(T ) and ρH/H

only show a small jump at Ts, and it is expected that the change of Fermi surface volume
on passing through the phase transition will be small due to the low carrier-density. Note
that ρ(T ) and ρH/H in the low carrier-density YbAl3C3 compound also only display a
small jump at the structural phase transition [91]. The carrier-density of CeCd3P3 (0.002
carriers per f.u.) is about five times smaller than that of YbAl3C3 (0.01 carriers per f.u.)
[91]. Detailed x-ray measurements of RCd3P3 are underway to clarify the nature of the
transition at Ts.
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Since the specific heat contains a large electronic contribution above TN (the broad
feature below 5 K shown in Fig. 3.5), an interesting question arises as to whether the 4f
electrons in CeCd3P3 are hybridized with the conduction electrons. It is a well known fact
that the specific heat of many Ce- and Yb-based Kondo-lattice compounds display similar
broad features at low temperatures, with large γ values (due to the Kondo effect), accompa-
nied by resistivities that show either maxima or logarithmic upturns resulting from Kondo
scattering in conjunction with the CEF [116]. The resistivity of CeCd3P3 instead suggests
non-hybridized metallic behavior (Fig. 3.7), in which the effects typically associated with
a Kondo lattice system are absent. One possible explanation of the local moment behavior
in CeCd3P3 is that there are simply not enough carriers to screen the f -electron moments.
Supporting this interpretation, Kondo lattice compounds generally show a negative mag-
netoresistance at low temperatures [116]. By contrast, a small positive MR is observed in
CeCd3P3 over the entire temperature range measured. Significantly, except for the differ-
ence in temperature of the anomalies at Ts, ρ(T ) in CeCd3P3 is the same as in LaCd3P3.
Therefore, as there is no sign of a Kondo contribution to the resistivity, we speculate that
the large electronic specific heat below 5 K is due to the effects of magnetic frustration. In
a frustrated system, the presence of several competing states leads to a very large number
of low-lying excitations, which manifests as an anomalously large specific heat at low tem-
peratures [66]. It should be noted that to rigorously exclude heavy fermion behaviour, the
specific heat of CeCd3P3 will need to be measured down to temperatures much lower than
TN .

A further indication of the significance of frustration comes from the frustration param-
eter f = |θp/TN |, which we estimate to be of the order of 100 for CeCd3P3, based on the
polycrystalline average θp ∼ −40 K and TN = 0.41 K. This is sufficiently large to indicate
that magnetic frustration may indeed play a dominant role at low temperatures. Applying
a magnetic field within the easy plane raises TN to higher temperatures, demonstrating par-
tial lifting of frustration. In addition, the small amount of magnetic entropy released at TN

and the full R ln(2) entropy recovered at much higher temperatures indicate a competition
between AFM order and frustration. Therefore, frustration effects associated with the os-
cillatory nature of the RKKY exchange interaction may be important in this system. It has
been shown that frustrated itinerant magnets with localized f -moments (no Kondo effect)
and a small Fermi surface display an increase of the resistivity with decreasing tempera-
ture, where the frustration is necessary to observe the resistivity upturn produced by the
RKKY mechanism [117]. Although due to high contact resistance in our CeCd3P3 samples
the dc resistivity cannot be directly measured, the microwave surface resistance Rs clearly
indicates a non-logarithmic resistivity increase at low temperatures. Interestingly, a recent
study of the frustrated, metallic, 2D-TL antiferromagnet PdCrO2 found that long-range
interactions such as RKKY do not compete with the spin frustration [118]. The electrical
resistivity above TN showed a sub-linear temperature dependence as a characteristic of the
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frustrated metallic magnetism, while the conduction electrons in PdCrO2 do not strongly
affect the spin frustration below TN , which was evidenced by the 120o spin structure.

From magnetization measurements, it is clear that the spins in CeCd3P3 are strongly
easy-plane due to the CEF, giving rise to an XY spin system. The partial H–T phase dia-
gram of metallic CeCd3P3 shown in Fig. 3.5(f) is similar to that of 2D insulating triangular
lattice systems with easy-plane anisotropy [78, 88]. A well known example of a quasi-2D
easy-plane (XY) TL system is insulating RbFe(MoO4)2 [119], where the obtained magnetic
phase diagram is similar to the theoretical calculation for the XY model [87, 88, 120, 121].
Based on a classical Heisenberg model for an insulating system, the phase diagram should
display a magnetic structure change from a 120o structure in zero field to the up-up-down
(uud) structure with increasing magnetic field, leading to a 1/3 magnetization plateau [88].
Indeed, multiple magnetic-field-induced metamagnetic transitions have been observed in
many TL systems such as insulating Cs2CuBr4 [122] and metallic Sr3Ru2O7 [123]. How-
ever, the interaction between spin-orbit entangled Kramers-doublet local moments on a
planar triangular lattice is rather complex from a theoretical point of view [67, 81, 83, 84].
By this analogy with insulating triangular lattice systems, it would therefore be interesting
to measure magnetization below TN to determine whether a magnetization plateau cor-
responding to the uud structure exists in the CeCd3P3 compound. However, we suspect
that the 120o magnetic order may not be stable in CeCd3P3. The triangular lattice will be
distorted on passing through the high temperature (structural) phase transition (Ts), result-
ing in spatially anisotropic exchange interactions. This may resemble the case of YbAl3C3,
where the structural phase transition from hexagonal to orthorhombic distorts the equilat-
eral triangular lattice [124, 94]. A similar situation could occur in YbMgGaO4, where Ga-
and Mg-site mixing may destroy the 120o magnetic order and induce a quantum spin-liquid
state [125, 126].

Since the magnetic ordering in CeCd3P3 can be suppressed by relatively small magnetic
fields, in spite of the large θp, a zero temperature phase transition can be expected. The
metallic nature of CeCd3P3 naturally introduces an interplay between RKKY and Kondo
interactions. However, the hybridization between f -electrons and conduction electrons is
very weak, which, in turn, suggests that the magnetic field will induce behavior that is
distinct from that in ordinary heavy fermion systems. Taking into account the frustrated
nature of the CeCd3P3 crystal structure and the strong AFM interactions, the ground state
is expected to be degenerate. This degeneracy will be partially lifted by the high temperature
(structural) phase transition Ts and the onset of antiferromagnetic ordering below TN . The
finite specific heat up to 50 kOe at 0.5 K (Fig. 3.6) and unusual temperature dependence
of Cm/T ∼ log(1/T ) for H = 50 kOe points to there being a degeneracy, implying that the
frustration is not fully relieved by the phase transitions. Although CeCd3P3 is metallic, it
is expected that the geometrically frustrated nature of the low temperature phase is the
key to understanding the anomalous specific heat behavior. Recently, an experimental and
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theoretical effort has been underway to classify and understand the global phase diagram of
AFM heavy fermion metals, where the degree of local moment quantum fluctuations can be
tuned by dimensionality or geometrical frustration [48, 104, 105, 106, 107, 49, 50, 108]. We
expect that CeCd3P3, in which the Kondo coupling is negligible, will have a key role to play
in developing such a phase diagram. This in turn raises questions such as: whether the long-
range magnetically ordered phase in CeCd3P3 really displays similar physics to that of a
heavy fermion system; and the nature of the interplay between magnetic frustration and the
RKKY interaction. Further detailed investigations of low temperature physical properties
will be necessary to address these points.

3.6 Summary

X-ray, magnetization, electrical and Hall resistivity, and specific heat measurements have
been performed on single crystal RCd3P3 (R = La and Ce) compounds. The results obtained
for CeCd3P3 provide evidence of strongly anisotropic quasi-2D magnetism; an emergent
spin-orbit entangled doublet ground state of Ce at low temperatures; a low carrier-density
metallic state without Kondo lattice behavior; a high temperature (structural) phase tran-
sition at Ts = 127 K; and low temperature antiferromagnetic ordering at TN = 0.41 K.
A partial H–T phase diagram has been constructed above 0.37 K, in which the antifer-
romagnetic order initially increases with magnetic field before being suppressed to lower
temperatures at higher fields. The specific heat in zero field indicates a large electronic con-
tribution (Cm/T ) below ∼ 5 K, which persists up to 50 kOe. Although it only occurs over a
limited temperature range, Cm/T at 50 kOe shows a logarithmic temperature dependence
Cm/T ∼ log(1/T ). In conclusion, the complex interplay between the low carrier-density
metallic state and frustrated magnetism may make CeCd3P3 an ideal system in which to
explore strong correlation effects in a metallic host.
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Chapter 4

Anisotropic magnetic property of
single crystals RV6Sn6 (R = Y, Gd
- Tm, Lu)

4.1 Abstract

RV6Sn6 (R = Y, Gd - Tm, Lu) single crystals are synthesized by Sn-flux method and
their physical properties are characterized by magnetization, resistivity, and specific heat
measurements. Powder X-ray diffraction patterns of all samples can be well indexed with
the hexagonal HfFe6Ge6-type structure, where rare-earth atoms form hexagonal layers and
vanadium atoms form Kagome layers. At high temperatures, magnetic susceptibility mea-
surements of moment bearing rare-earths (R = Gd - Tm) follow Curie-Weiss behavior.
Effective moments estimated from the polycrystalline average of magnetic susceptibility
curves are consistent with the values for free R3+ ions. Strong magnetic anisotropy due to
crystalline electric field effects is observed for moment bearing rare-earths, except GdV6Sn6.
The easy magnetization direction is determined to be c-axis for R = Tb - Ho and ab-plane
for R = Er and Tm. The vanadium ions in RV6Sn6 possess no magnetic moment. The com-
pounds for R = Y and Lu exhibit typical characteristics of paramagnetic metals. At low
temperatures, the magnetic ordering is confirmed from magnetization, specific heat, and
resistivity: the highest TN = 4.9 K for GdV6Sn6 and the lowest TN = 2.3 K for HoV6Sn6.
No magnetic ordering is observed down to 1.8 K for R = Er and Tm. A slight devia-
tion of the magnetic ordering temperature from the de Gennes scaling suggests the dom-
inant Ruderman-Kittel-Kasuya-Yosida (RKKY) exchange interaction between rare-earth
moments in metallic RV6Sn6 compounds.

4.2 Introduction

Intermetallic compounds with the chemical formula RT6X6 (R = rare-earth, T = V, Cr,
Mn, Fe, Co, X = Ge , Sn) have shown complex magnetic and electronic properties that are
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emerged from the interplay between localized 4f and itinerant 3d electrons [127, 128, 129,
130, 131, 132]. The RT6X6 compounds crystallize into either the fully ordered HfFe6Ge6-
type or other disordered YCo6Ge6-type or SmMn6Sn6-type structure, depending on the size
of the constituent R, T , and X atoms [127, 133, 134, 135]. In these crystal structures the
rare-earth ions form hexagonal layers and the transition metal ions form Kagome layers.
When both R and T bear magnetic moments in their sublattices such as RMn6Sn6, the
compounds show temperature dependent magnetic structures which are governed by the
relative strength of R-R, R-T , and T -T exchange couplings [136, 129]. In RMn6Sn6, a strong
antiferromagnetic coupling between rare-earth and Mn sublattices leads to a simultaneous
ordering of both sublattices [128], where the compounds with R = Gd - Ho show a collinear
ferrimagnetic ordering above room temperatures and the compounds with R = Er and Tm
show an antiferromagnetic ordering of Mn sublattice at high temperatures followed by a
ferrimagnetic ordering of R sublattice at low temperatures [137]. The magnetic structure of
these compounds is highly dependent on crystalline electric field (CEF) [137]. It has been
observed that when the transition metals bear no magnetic moment (e.g. T = Cr and Co),
a very low magnetic ordering temperature arises only from the rare-earth sublattice. For
example, RCr6Ge6 compounds indicate the magnetic ordering below 15 K [138, 131] and
RCo6X6 (X = Ge, Sn) compounds show the magnetic ordering below 3 K [139, 140]. In
particular, GdCo6Sn6 is a paramagnet down to 1.8 K [140].

In recent years, there have been considerable efforts to investigate topologically non-
trivial states associated with the Kagome lattice [141, 142, 143]. The RV6Sn6 compounds
have gained attention due to their topologically nontrivial band structures [144, 145, 146],
where RV6Sn6 can host 2D Kagome surface states [147]. Measurements using an angle
resolved photoemission spectroscopy (ARPES) on single crystals of RV6Sn6 (R = Gd and
Ho) and density functional theory calculations show characteristics of Dirac cone, saddle
point, and flat band, which arise from the vanadium Kagome lattice [147]. It is also suggested
that Dirac crossing at the K-point gives rise to non-linear Hall resistivity in GdV6Sn6 and
YV6Sn6 [148].

Despite growing interest in electronic properties in the RV6Sn6 series, their magnetic
properties have not yet been studied, except for R = Gd and Y. Magnetization measure-
ments on single crystals of RV6Sn6 (R = Gd and Y) confirm that vanadium (V) ions pos-
sess no magnetic moments and Gd ions order antiferromagnetically below ∼5 K [148, 149].
Since the transition metal V is non-magnetic, RV6Sn6 would provide an opportunity to
study magnetic properties arising solely from the rare-earth triangular lattice. It has been
reported that single crystals of RV6Sn6 grown by the flux method adopt the HfFe6Ge6-type
for R = Gd and Y [148], whereas polycrystalline samples of RV6Sn6 grown by the arc melt
technique adopt the SmMn6Sn6-type for R = Gd - Tm and Lu and the HfFe6Ge6-type for
R = Y [150]. In this report, we present the crystal structure and physical properties of
RV6Sn6 (R = Y, Gd - Tm, Lu) single crystals grown by Sn-flux.

46



Single crystals of RV6Sn6 (R = Y, Gd - Tm, Lu) were grown by Sn-flux [65]. The
constituent elements were cut into smaller pieces and placed in an alumina crucible in the
ratio R : V : Sn = 1 : 6 : 62, and then sealed into an amorphous silica tube under partial
argon atmosphere. The ampoule was heated up to 1225 ◦C over three hours, held there for
five hours, and then slowly cooled down to 850 ◦C at a rate of 1.25 ◦C/hr. Single crystals
were separated from the flux by centrifuging. The obtained single crystals have a plate-like
morphology with a clean hexagonal facet (ab-plane) being the base of the plate as shown
in the inset of Fig. 4.1(c). All grown single crystals have similar hexagonal morphology,
but compounds with heavier rare-earth elements tend to form thicker single crystals. The
average thickness of the obtained single crystals varies from ∼0.2 mm (GdV6Sn6) to ∼1 mm
(LuV6Sn6).

To verify the crystal structure of the title compounds and their lattice parameters, pow-
der X-ray diffraction (XRD) patterns of crushed single crystals were collected in a Rigaku
MiniFlex diffractometer at room temperature and analyzed using a GSAS-II software [151].
Si standard was used to minimize the instrumental error. The dc magnetization as a func-
tion of temperature from 1.8 to 300 K and magnetic fields up to 70 kOe was measured in
a Quantum Design (QD) Magnetic Property Measurement System (MPMS). Four-probe
ac resistivity measurements were performed with I ∥ ab from 300 K down to 1.8 K in a
QD Physical Property Measurement System (PPMS). Specific heat was measured by the
relaxation technique down to 1.8 K in a QD PPMS.

4.3 Results and discussion

4.3.1 Crystal structure

The obtained and calculated powder XRD patterns for TbV6Sn6, as a representative ex-
ample in the series, are shown in Fig. 4.1(a). The observed peak positions are well indexed
by the fully ordered HfFe6Ge6-type structure (P6/mmm, no. 191). In earlier studies the
two structural prototypes for RV6Sn6 compounds are reported [Fig. 4.1(b)]: single crys-
talline samples (grown by Sn-flux) for R = Gd and Y [148] crystallize into the fully occu-
pied HfFe6Ge6-type; polycrystalline samples (synthesized by arc melt) crystallize into the
HfFe6Ge6-type for R = Y and the SmMn6Sn6-type for R = Gd - Tm [150]. The SmMn6Sn6-
type is a disordered variant of the HfFe6Ge6-type. In the SmMn6Sn6-type, the fractional
occupancy of additional R and Sn sites are reported to vary from 3 to 10 %, depending on R
[150]. In this study, the fully ordered HfFe6Ge6-type structure is used to analyze the powder
XRD patterns as it does not show any appreciable difference between the observed and cal-
culated intensities, as shown in Fig. 4.1(a). The detection of subtle difference between the
two structure types requires a much higher resolution diffractometer with rigorous Rietveld
refinement.

47



 TbV6Sn6

In
te
ns

ity
 (a

rb
. u

ni
ts

)

2  (deg)

(a)

HfFe6Ge6-type

 Obs. 
 Calc.
 Diff.
 LuV6Sn6

H = 0

(d)

Sample 2H = 1 kOe

LuV6Sn6

 (
 c

m
)

T (K)

H  = 0
Sample 1

(e)

YV6Sn6

H = 1 kOe

H = 0

 (
 c

m
)

T (K)

Figure 4.1: (a) Powder XRD patterns of TbV6Sn6. Red line is the calculated XRD patterns
using HfFe6Ge6-type structure. Green line represents the difference between the data and
calculated patterns. (b) Schematics of HfFe6Ge6-type and SmMn6Sn6-type structure. To
clearly show hexagonal rare-earth and Kagome transition metal layers c-axis is not drawn
to scale, where each layer is shifted upward. (c) Powder XRD patterns of LuV6Sn6. Impu-
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respectively. Inset shows a photograph of LuV6Sn6 on mm grid. (d) Electrical resistivity of
two LuV6Sn6 samples at H = 0 and 1 kOe. (e) Electrical resistivity of YV6Sn6 at H = 0
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The obtained lattice parameters c and a are shown in Figs. 4.2(a) and (b), respectively.
Both a and c decrease with increasing R atomic number, following lanthanide contraction,
implying that the valence state of the heavy rare-earth ions in RV6Sn6 compounds are
trivalent. The lattice parameters obtained from earlier studies [148, 149, 150] are included
in Fig. 4.2. The variations in lattice parameters are probably due to the different sample
quality, refinement with different structure-type, and instrumental error.

4.3.2 Impurity phase

The obtained powder XRD patterns and physical property measurements performed on
this series show two minor impurity phases. As shown in Fig. 4.1(c), a traceable amount of
V3Sn and β-Sn phases are detected in LuV6Sn6. Note that to demonstrate impurity phases
detected in this family of materials the XRD patters, taken without cleaning sample surfaces,
are presented in the figure. However, when small pieces of single crystals are carefully
collected and surfaces of samples are polished or cleaned by diluted HCl acid, clean XRD
patterns can be obtained as like the case for TbV6Sn6. These two are the only impurity
phases detected in the RV6Sn6 series and also consistent with impurities found in the
previous report [150]. V3Sn and β-Sn phases are known to have superconducting transitions
at Tc = 3.8 K [152] and 3.7 K [153], respectively. The presence of these superconducting
phases are clearly seen in electrical resistivity, ρ(T ), measurements. ρ(T ) curves on two
different LuV6Sn6 samples are shown in Fig. 4.1(d). Sample 1 and 2 are two different pieces
of single crystals grown from the same batch. ρ(T ) of the sample 1 indicates no resistivity
drop below 4 K. ρ(T ) of the sample 2 shows the superconducting transition below 4 K at H
= 0, which cannot be fully suppressed by applying magnetic field of 1 kOe. This is probably
due to the superconducting V3Sn phase. For the YV6Sn6 sample, its partial superconducting
transition can be fully suppressed by a magnetic field of 1 kOe, as shown in Fig. 4.1(e).
The superconducting transition in YV6Sn6 probably originates from β-Sn. It should be
emphasized that superconducting transitions observed in resistivity measurements are not
intrinsic to the ternary compound, as its resistivity does not go to zero below Tc. Thus, the
superconducting transition below 4 K originates from impurity phases either on surfaces or
embedded within the samples.

4.3.3 LuV6Sn6 and YV6Sn6

The temperature-dependent magnetic susceptibility, χ = M/H, curves for R = Lu and Y
at H = 70 kOe are shown in Fig. 4.3(a). Due to the small size of single crystals, multiple
pieces of YV6Sn6 were loaded into a gel capsule to measure magnetic susceptibility, which
can be considered as a polycrystalline average. At high temperatures M/H curves of both
samples are weakly dependent on temperature, while M/H curves at low temperatures
exhibit an upturn probably due to paramagnetic impurities. The absolute value of magnetic
susceptibility of both compounds is a bit larger than that of typical Y- and Lu-based
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Figure 4.3: Physical property measurements of LuV6Sn6 and YV6Sn6. (a) M/H at H =
70 kOe. (b) Specific heat at H = 0. Horizontal line represents the Dulong-Petit limit. (c)
Cp/T vs. T 2 plot for LuV6Sn6 at H = 20 kOe and YV6Sn6 at H = 30 kOe. Solid lines
represent fits to Cp(T ) = γT + βT 3. (d) Electrical resistivity at H = 0.

intermetallic compounds [154, 155, 156]. For YV6Sn6 the absolute value of M/H at 300 K
has the similar order of magnitude as previously reported values (∼10−3 emu/mol) [148,
149]. Thus, the enhanced magnetic susceptibility seems to be the generic feature in non-
magnetic RV6Sn6 compounds. From the magnetization measurements we infer that the V
ions in these compounds do not carry magnetic moment. Typically, a magnetic moment
on V is observed in vanadium complexes such as insulating spinel ZnV2O4 (V3+, S = 1)
[157] and triangular lattice antiferromagnet VCl2 (V2+, S = 3/2) [158]. The absence of the
magnetic moment on V ions in RV6Sn6 implies quenching of the spin magnetic moment
[159], where Sn atoms may have contributed to quenching of the spin moment on vanadium
by forming metallic or covalent bonds, as evidenced by short V-Sn distances [150].

The temperature-dependent specific heat, Cp(T ), curves of LuV6Sn6 and YV6Sn6 are
shown Fig. 4.3(b). At high temperatures the Cp(T ) curves of both compounds are almost
identical and approach the Dulong-Petit limit at 300 K. At low temperatures, Cp(T ) can
be described by considering electronic and phonon contributions: Cp(T ) = γT + βT 3. Fig-
ure 4.3(c) shows plots of C/T vs. T 2 for R = Lu at H = 20 kOe and R = Y at 30 kOe. Due
to the superconducting transition below 4 K the specific heat data under magnetic field are
used to estimate the electronic specific heat coefficient (γ) and Debye temperature (θD).
The obtained γ values are ∼24 mJ/mole K2 for R = Lu and ∼17 mJ/mole K2 for R = Y.
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The estimated θD from β is ∼400 K for both compounds. Note that a rather high γ value
(∼67 mJ/mole K2), obtained by fitting C/T vs. T 2 curve from 200 to 600 K2, has been
reported for YV6Sn6 sample [149]. The ρ(T ) curves for both R = Lu and Y are shown in
Fig. 4.3(d). The resistivity curves decrease monotonically as temperature is lowered down
to 1.8 K, following a typical metallic behavior.

4.3.4 Physical properties of RV6Sn6 (R = Gd - Tm)

The magnetic susceptibility of all moment bearing members in RV6Sn6 follows the Curie-
Weiss, χ(T ) = C/(T − θp), behavior at high temperatures. The inverse magnetic suscepti-
bility, 1/χ = H/M , curves of RV6Sn6 are plotted in Fig. 4.4 for both H ∥ ab and H ∥ c at
H = 10 kOe. A polycrystalline average is estimated by χpoly = 2/3χab + 1/3χc. Effective
moments, µeff , and Weiss temperatures, θp, are obtained by fitting 1/χ curves above 150 K
to the Curie-Weiss law. The effective moments of RV6Sn6 estimated from polycrystalline
average are close to that of free R3+-ion values, as summarized in Table 4.1, implying a
3+ valence state of the rare-earth ions (R = Gd - Tm) and no magnetic moment on V
ions. Thus, magnetic properties of RV6Sn6 can be explained by considering 4f moments
of rare-earth ions. The θpoly

p values obtained from polycrystalline average are negative for
all rare-earths, indicating antiferromagnetic exchange interactions between rare-earth mo-
ments. For GdV6Sn6, µeff = 8.1 µB and θp = -0.2 K, which is consistent with that of
previous polycrystalline study [148]. However, θp of earlier single crystal study is positive
(∼7.6 K) [149], which is somewhat larger than our result and other report [148]. This dis-
crepancy may be related to different growth conditions.

The M/H curves of RV6Sn6, measured at H = 1 kOe for both H ∥ ab and H ∥ c, are
shown in the insets of Fig. 4.4. The M/H curves for R = Gd - Ho show slope changes below
5 K as a signature of the antiferromagnetic ordering. The magnetic ordering temperature
determined from dχT/dT is TN = 4.8, 4.3, 2.9, and 2.3 K for R = Gd, Tb, Dy, and Ho,
respectively. The magnetic ordering is not detected down to 1.8 K for R = Er and Tm.
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The magnetization isotherm, M(H), at T = 2 K in this series clearly shows a magnetic
anisotropy between H ∥ ab and H ∥ c, as shown in Fig. 4.5. Magnetization measurements
indicate no detectable hysteresis for all RV6Sn6. The easy magnetization direction is along
the c-axis for R = Tb, Dy, and Ho and ab-plane for R = Er and Tm. As expected, M(H)
of GdV6Sn6 indicates no anisotropy at high magnetic fields, but M(H) for H ∥ c is slightly
smaller than that for H ∥ ab, as displayed in the inset of Fig. 4.5(a). The saturated mag-
netization values of GdV6Sn6 and TbV6Sn6 at 70 kOe are close to the theoretical values of
free Gd (7 µB/Gd) and Tb (9 µB/Tb) ion. M(H) of GdV6Sn6 is similar to ones observed
in previous reports [148, 149]. The saturated magnetization values for R = Dy - Tm at
70 kOe are somewhat smaller than their theoretical gJ values. The observed large magnetic
anisotropy implies the presence of the strong CEF acting on 4f -moments.

Figures 4.6(a)−(f) present the ρ(T ) curves of RV6Sn6. Note that due to the supercon-
ducting impurity phase ρ(T ) curves at H = 1 kOe for R = Gd, Tb, and Tm are plotted.
At high temperatures, ρ(T ) follows typical metallic behavior with resistivity values ranging
10 − 100 µΩ cm at 300 K. At low temperatures, ρ(T ) curves for R = Gd - Ho show a sharp
drop at TN due to the loss of spin disorder scattering, indicated by arrows in the insets
of Fig. 4.6 (a)−(d). ρ(T ) of GdV6Sn6 and YV6Sn6 is similar to that of previous reports.
[148, 149]

Figure 4.7(a) shows the Cp(T ) curves for R = Gd - Tm and Lu. The specific heat of
all RV6Sn6 compounds reaches the value close to the Dulong-Petit limit at 300 K. At low
temperatures, specific heat measurements for R = Gd - Ho show λ-like peaks (insets) as
signatures of magnetic ordering, which are better seen in the magnetic part of specific heat
(Cm). The magnetic ordering temperatures, determined from the peak positions, for R =
Gd, Tb, Dy, and Ho are TN = 4.9, 4.2, 3.0, and 2.4 K, respectively, which are consistent
with magnetic susceptibility and resistivity measurements. For R = Er and Tm, no peak
in Cp(T ) is observed down to 1.8 K. The low-temperature Cm curves for R = Gd - Tm are
obtained by subtracting the specific heat of LuV6Sn6 and plotted in Figs. 4.7(b) and (c). In
addition to the sharp peaks at TN , Cm curves show broad maxima at higher temperatures.
These maxima correspond to the Schottky contributions, as the R3+ ions (R = Tb - Tm)
are influenced by the CEF. It has to be noted that Cm of GdV6Sn6 shows an unusual
Schottky-like anomaly (a broad maximum centered around 50 K), despite CEF splitting
not being expected in Gd-based compounds. This anomaly may be due to the subtraction
error.

The observed magnetic ordering temperatures for RV6Sn6 are plotted in Fig. 4.8 as
a function of de Gennes factor. Unlike RFe6Ge6 [132] and RMn6X6 (X = Ge and Sn)
[128, 130] which have magnetic ordering temperatures above the room temperature, RV6Sn6

compounds indicate the magnetic ordering at much lower temperatures. When the transition
metals possess no magnetic moments in this family of materials such as RCo6X6 (X = Ge
and Sn) [140] and RCr6X6 [131], a relatively low magnetic ordering temperature has been
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detected. Since the V ions possess no magnetic moments, the observed magnetic ordering
is solely based on 4f -moments, and thus a very low magnetic ordering temperature is seen.

When rare-earth ions are the only source of magnetism in an intermetallic compound,
the magnetic ordering can be explained by indirect RKKY exchange interaction. In the
molecular field approximation, the ordering temperature is proportional to de Gennes factor
(gJ −1)2J(J+1) and can be defined as TN = 2/3J (gJ −1)2J(J+1), where J is the exchange
parameter, g is the Landé g factor and J is the total angular momentum quantum number
of Hund’s rule ground state of R3+ ions. [18, 160] For the compounds with heavy rare-
earths, TN should decreases monotonically as R traverses from Gd to Yb. The ordering
temperatures in many rare-earth-based intermetallic compounds follow this scaling [161,
162, 163, 164]. However, when there are strong CEF effects, a deviation from the linear
de Gennes scaling has been observed for R = Tb - Yb [160, 165]. As shown in Fig. 4.8,
the magnetic ordering temperature of RV6Sn6 indicates a slight deviation from the de
Gennes scaling, expected to be due to the CEF effects. The observed anisotropic magnetic
susceptibility and magnetization isotherm and broad maxima in specific heat clearly reflect
the CEF effects on RV6Sn6 compounds. In addition, it has been shown a switch of easy
magnetization direction from c-axis for R = Tb, Dy, and Ho to ab-plane for R = Er and
Tm in many tetragonal and hexagonal rare-earth-based intermetallic compounds [160, 155,
156]. Typically, due to the change in sign of leading crystal field parameter, the switch
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of easy magnetization direction occurs between Ho and Er. Based on the point charge
model, the leading crystal field parameter B0

2 in hexagonal symmetry can be obtained by
B0

2 = 10(θab
p −θc

p)
3(2J−1)(2J+3) [11, 166]. The estimated B0

2 values from the magnetic susceptibility
results are summarized in Table 4.1. In RV6Sn6, the B0

2 changes a sign between Ho and Er,
suggesting that the detected magnetic anisotropy is mainly associated with CEF. When the
strong CEF exchange interaction is present, the magnetic ordering temperature depends
on B0

2 and the large value of B0
2 gives rise to enhance the magnetic ordering temperature,

which breaks the simple de Gennes picture [160]. In RV6Sn6, although TN for Tb - Ho is
enhanced, the maximum ordering temperature occurs in GdV6Sn6 and TN still follows the
monotonic decrease from Gd to Ho. This implies that CEF interaction to enhance TN for
R = Tb - Ho is not large enough to exceed TN for R = Gd [160, 167]. The B0

2 value of
TbV6Sn6 is greatest among c-axis ordering RV6Sn6 compounds, however B0

2 ∼ −1.4 K is
much smaller than that of other rare-earth-based compounds showing the highest ordering
temperature for R = Tb [160, 167].

The magnetic entropy, Sm, curves of RV6Sn6 are shown Fig. 4.9, where Sm is estimated
by integrating Cm/T . Below 1.8 K, the missing entropy is estimated by assuming C = 0 at
T = 0 K. Sm provides insight into the underlying CEF ground state of magnetic RV6Sn6. At
TN , Sm of TbV6Sn6 reaches a value close to R ln(2), suggesting a possible pseudo-doublet
magnetic ground state (non-Kramers doublet, a singlet ground state with a singlet excited
state). For DyV6Sn6, the value of Sm at TN suggests a Kramers doublet ground state. For
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HoV6Sn6, Sm at TN reaches a value slightly above R ln(3), suggesting a possible triplet or
pseudo-triplet ground state (a singlet ground state with either a doublet excited state or two
more singlet excited states, all with close energies). Note that the ground state entropy must
be properly confirmed by specific heat measurements below 1.8 K. Interestingly, only ∼50 %
of the R ln(8) magnetic entropy for GdV6Sn6 is recovered at TN . In general, Gd3+ ions in
intermetallic compounds are in an L = 0 (S-state), no CEF effect is expected. Therefore,
the full R ln(8) magnetic entropy is expected to be recovered at the ordering temperature.
However, for GdV6Sn6 the full R ln(8) entropy is recovered at ∼30 K which is significantly
higher than TN = 4.9 K. Obviously the entropy is overestimated at high temperatures, where
the entropy continues to increase beyond R ln(8) above 30 K, suggesting a subtraction error
in the estimate of Cm. Since the obtained effective moment and saturation moment for
GdV6Sn6 are close to the theoretical Gd3+ ion values, Cm is purely based on Gd magnetic
contributions. When it is assumed that GdV6Sn6 has no additional magnetic transitions
below 1.8 K, the reduced entropy at TN cannot be simply related to the subtraction error.
The reduced entropy may raise the possibility of a mixed magnetic structure, where both
ordered and disordered sites coexist on an equivalent crystallographic site. This kind of
magnetic structure has been evident in geometrically frustrated metallic systems [40, 41, 42].
It has also been shown theoretically and experimentally that the RKKY interaction in two
dimensional hexagonal lattice gives rise to complex spin structures and potentially hosts a
skyrmion phase in conjunction with geometrical frustration [168, 169, 38]. A recent study on
GdV6Sn6 has suggested that Gd ions form noncollinear spin structure below the magnetic
ordering temperature [149].

Peculiar electronic states have been observed in Fe3Sn2 [170, 171, 172], FeSn [173],
and Co3Sn2S2 [142], where the moment-bearing transition metals form a Kagome lattice.
Recently AV3Sb5 (A = K, Rb Cs) systems have shown charge density wave (CDW), su-
perconductivity, and anomalous Hall effect [174, 175, 176] all of which have opened up a
new direction for exploring unconventional electronic properties associated with the non-
magnetic Kagome layer. The V ions in RV6Sn6 possesses no magnetic moment and form
the Kagome lattice. In particular, the Kagome layer in these compounds contain no other
atoms in the quasi two dimensional Kagome network. Since RV6Sn6 (R = Gd, Y, and Sc)
compounds showed non-linear Hall resistivity, topologically nontrivial band structure, and
CDW [148, 149, 177], it is of great interest to check other rare-earth-based compounds (R
= Tb - Tm and Lu) whether the unconventional electronic states exist in the whole family
of materials.

4.4 Summary

Single crystals of RV6Sn6 (R = Y, Gd - Tm, Lu) are grown by Sn-flux and their phys-
ical properties are investigated by magnetization, specific heat, and resistivity measure-
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ments. Powder X-ray diffraction patterns reveal that these compounds crystallize into the
HfFe6Ge6-type structure, where V ions form a well isolated Kagome layer and rare-earth
ions occupy on a well separated triangular lattice. Due to the CEF effects on rare-earth ions
the magnetization as a function of temperature and magnetic field shows a large magnetic
anisotropy, where the easy magnetization direction is c-axis for R = Tb - Ho and ab-plane
for R = Er and Tm. At low temperatures, the antiferromagnetic ordering is observed below
5 K for R = Gd - Ho and no magnetic ordering is observed down to 1.8 K for R = Er and
Tm. Since V ions possesses no magnetic moments, the magnetic properties of intermetallic
RV6Sn6 compounds are solely governed by localized 4f electron moments.
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Chapter 5

Suppression of molecular field by
lattice contraction in face-centred
cubic RNi4Cd

5.1 Abstract

Single crystals of RNi4Cd (R = Ce, Nd, Sm, and Gd−Tm) are grown by Cd flux and their
physical properties are investigated by means of XRD, magnetization, electrical resistivity,
and specific heat measurements. Except for R = Ce, the unit cell volume of RNi4Cd follows
a lanthanide contraction, implying a 3+ valence state of rare-earth ions in this series. At
high temperatures, magnetic susceptibility curves for R = Nd and Gd−Tm follow the Curie-
Weiss behavior. The obtained Weiss temperature (θp) for R = Gd−Tm is small and negative.
The temperature dependence of the electrical resistivity shows a metallic behavior for all
RNi4Cd compounds. Thermodynamic and transport property measurements of GdNi4Cd
indicate an antiferromagnetic ordering below TN = 4.5 K and the rest of the compounds
show no signature of magnetic transition down to 1.8 K. The RKKY exchange mechanism
is examined for its relevance to TN and θp of isostructural metallic RT4X (R = Gd−Tm)
compounds. Although the variation in θp can be qualitatively explained by the RKKY sum,
the values of θp in this family are highly dependent on the lattice parameter. Unlike the
RCu4X, the strength of the exchange interaction between molecular fields produced by
rare-earth planes is strongly suppressed by the lattice contraction in RNi4X compounds.

5.2 Introduction

The RT4X (R = rare-earth, T = Cu and Ni, and X = Cd, In, Mg, Pd, Ag, and Au)
compounds adopt a MgCu4Sn-type structure (F4̄3m, No. 216), in which rare-earth atoms
occupy a face-centred cubic (fcc) lattice forming a network of edge-sharing tetrahedra
[178, 179, 39, 180, 181, 182, 183]. Since all three R, T , and X positions can be substituted
without changing the underlying crystal structure, this family of materials is well-suited
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Figure 5.1: θp of RT4X (R = Gd−Tm, T = Cu and Ni, and X = Cd, In, Mg, Pd, Ag, and
Au) as a function of lattice parameter. Data are obtained from previous reports: GdNi4Cd
(polycrystalline) [178], RNi4Mg [179], RCu4Cd [39], RCu4In [184], RCu4Mg [180], RCu4Pd
[181], RCu4Ag [182], RCu4Au [183].

for studying the evolution of physical properties and their relationships through chemical
substitutions. Within this family of materials, the low carrier-density semimetallic RCu4In
compounds exhibit large values of the magnetic frustration parameter (f ∼ 10) which
is defined as the ratio between the absolute value of the Weiss temperature |θp| and the
magnetic ordering temperature TN , i.e. f = |θp|/TN . It has been suggested that short-
range superexchange interaction between rare-earths results in a low magnetic ordering
temperature, giving rise to a large value of f (TN ≪ |θp|) [184, 39]. Conversely, the good
metallic RCu4Cd compounds exhibit a much smaller f value [39]. When the carrier-density
is increased, the frustration parameter becomes smaller (f ∼ 1) [39]. The GdCu4In1−xCdx

system reveals a systematic change in the electrical resistivity from a semiconductor-like
behavior (x = 0) to a metallic one (x = 1), resulting in an increase of TN from 5.5 K to
38 K and θp from −52 K to −72 K, and thus, changing f from ∼ 10 to ∼ 2 [39]. In addition,
replacing Cu with Ni in Gd(Cu1−xNix)4In makes the system a good metal, changes θp from
a large negative value to a small positive one, while maintaining TN near 5 K [185].

The series RT4X (R = heavy rare-earth) provides a way to compare the magnetism
of highly localized 4f elements that share a similar crystal field environment. To gain
insight into the evolution of θp in this series, θp values are plotted in Fig. 5.1 as a function
of the lattice parameter for all isostructural RT4X (R = Gd−Tm) compounds. For the
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antiferromagnetic (AFM) compounds, θp weakly depends on the lattice parameter below
7.10 Å, while θp rapidly decreases above 7.15 Å toward a very large negative value. For the
ferromagnetic RCu4Pd compounds, θp deviate from this trend. The effective moment values
of these compounds, obtained from magnetic susceptibility measurements, are consistent
with theoretical values of free rare-earth ions, indicating a localized moment on R and no
moment on T and X. The lattice parameter of GdNi4Cd, obtained from the previously
studied polycrystalline sample [178], locates a value near the 7.06 Å where θp starts to
saturate close to zero as the lattice parameter decreases. When the Gd-ions are replaced
by smaller rare-earths, it would be interesting to see whether θp of RNi4Cd follows the
same trend as the AFM RT4X. Except for R = Yb and Y [186], the physical properties
of RNi4Cd compounds have not been previously reported. Thus, we grew single crystals
of RNi4Cd (R = Ce, Nd, Sm, Gd−Tm) and report their physical properties, characterized
by power X-ray diffraction, magnetization, resistivity, and specific heat measurements. In
particular, we compare the obtained θp of RNi4Cd compounds with the previously reported
θp of isostructural RT4X (R = Gd−Tm, T = Cu and Ni, and X = Cd, In, Mg, Pd, Ag,
and Au) compounds, where we attempt to qualitatively explain variations of θp and TN in
terms of Ruderman–Kittel–Kasuya–Yosida (RKKY) theory.

5.3 Experiments

Single crystals of RNi4Cd (R = Ce, Nd, Sm, Gd−Tm) were grown by Cd flux [186]. High
purity rare-earths, Ni, and Cd were loaded into an alumina crucible in the ratio of 1 : 4 : 25,
and sealed into an amorphous silica tube. The ampoule was heated to 1050 ◦C and slowly
cooled down to 750 ◦C at the rate of 2 ◦C/hr. Note that an attempt to grow single crystals
for R = La and Pr was unsuccessful in this method. To verify the crystal structure of the
title compound, powder X-ray diffraction (XRD) patterns of crushed single crystals were
collected in a Rigaku MiniFlex diffractometer at room temperature and analyzed using a
FullProf software.

The analysis of powder XRD patterns confirms thatRNi4Cd crystallizes into the MgCu4Sn-
type structure (F4̄3m, No. 216), which is an ordered variant of the AuBe5-type structure
[187]. The representative powder XRD patterns of DyNi4Cd are shown in Fig. 5.2(a), where
the open symbol and red line are observed and calculated XRD patterns, respectively. No
other phases have been detected except minor Cd. In this crystal structure, Ni atoms form a
network of corner-sharing tetrahedra (Wyckoff 16e-site) and leaves cavities, which are filled
orderly by Cd (Wyckoff 4a-site) and R (Wyckoff 4c-site) as shown in the inset of Fig. 5.2(a)
[178]. The cubic point symmetry (Td) on rare-earth ions will make magnetic anisotropy min-
imal. Each Cd and R forms fcc sublattices, making a network of edge-sharing tetrahedra
as shown in Fig. 5.2(c). The obtained lattice parameters (red solid circle) of RNi4Cd single
crystals are plotted in Fig. 5.2(b), in good agreement with previous polycrystalline sample
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study (open star) [178]. Except Ce, the lattice parameter of RNi4Cd follows the lanthanide
contraction, which indicates a 3+ valence state of rare-earth ions. For CeNi4Cd a deviation
from the lanthanide contraction implies a 4+ valence state of Ce ions.

All sample surfaces were polished before performing physical property measurements.
dc magnetization, for temperature ranging from 1.8 K to 300 K and magnetic field up to
70 kOe applied along [111] crystallographic direction, was collected in a Quantum Design
(QD) Magnetic Property Measurement System (MPMS). The standard four-probe resistiv-
ity measurements were performed from 300 K to 1.8 K in a QD Physical Property Mea-
surement Systems (PPMS). Specific heat was measured by the relaxation method down to
T = 1.8 K in a QD PPMS.

5.4 Results

5.4.1 Light rare-earth (R = Ce, Nd, Sm)

Figures 5.3(a) and (b) show magnetization measurements as a function of temperature and
magnetic field, respectively, for R = Ce, Nd, and Sm. The magnetic susceptibility, χ(T ) =
M/H, of CeNi4Cd does not follow a Curie-Weiss (CW) law, χ(T ) = C/(T −θp), where χ(T )
weakly depends on temperature at high temperatures. An upturn at low temperatures is
probably due to magnetic impurities. The 4+ valence state of Ce ions can be clearly deduced
from the deviation of CW law in magnetic susceptibility, the departure of the lanthanide
contraction in lattice parameter, and the small residual magnetization at T = 1.8 K. For
R = Nd, the inverse magnetic susceptibility, H/M , is linear in temperature above ∼50 K,
where the estimated effective moment, µeff = 4.24 µB/Nd, is somewhat larger than the
theoretical value of 3.62 µB/Nd. As shown in Fig. 5.3(b), the magnetization value at 1.8 K
and 70 kOe is 2.3 µB/moleNd, which is smaller than the fully saturated moment value
gJ = 36/11 probably due to the crystalline electric field effects. For R = Sm, it is well-
known that the non-linearity in the plot of inverse magnetic susceptibility arises from the
fact that the first excited state of the Hund’s rule multiplet (J = 7/2) is very close to the
ground state (J = 5/2). For this reason, the inverse magnetic susceptibility for R = Sm is
fitted only at low temperatures by the modified CW formula χ(T ) = χ0 + C/(T − θp) to
estimate its effective moment and θp. The estimated effective moment µeff ∼0.95 µB/Sm
with the Hund’s rule ground state J = 5/2 is slightly larger than the theoretical value of
0.84 µB/Sm. The isothermal magnetization at 1.8 K and 70 kOe is smaller than its gJ value,
as shown in Fig. 5.3(b). Electrical resistivity curves normalized at 300 K, ρ(T )/ρ(300 K),
of RNi4Cd (R = Ce, Nd, Sm, and Y) are plotted in Fig. 5.3(c), where the resistivity curves
indicate a metallic behavior. The low-temperature specific heat of RNi4Cd (R = Ce, Nd,
and Y) clearly confirms no phase transitions in these compounds as shown in Fig. 5.3(d).
The electrical resistivity and specific heat of YNi4Cd are consistent with the earlier report
[186].

67



0 100 200 3000.0

0.5

1.0

1.5

2.0

0 20 40 60 800

1

2

0 100 200 3000.0

0.2

0.4

0.6

0.8

1.0

0 10 20 30 40 500

10

20

30

40

50

Nd

Sm

RNi4Cd

H || [111]
(a) H = 10 kOe

H
/M

 (1
03  m

ol
e/

em
u)

T (K)

Ce Nd

Sm
Ce

H || [111]
(b)

M
 (m

B/
m

ol
R
)

H (kOe)

T = 1.8 K

 Ce
 Nd
 Sm
 Y

(c)

r/
r(

30
0 

K)

T (K)

RNi4Cd RNi4Cd(d)

C
 (J

/K
 m

ol
e)

T (K)

 Ce
 Nd
 Y
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Table 5.1: A summary of magnetic properties of RNi4Cd obtained from magnetic suscep-
tibility measurements. M(7 T): absolute value of magnetization in µB/R at H = 7 T and
T = 1.8 K. µeff : effective moment in µB/R obtained from Curie-Weiss CW fit or modified
Curie-Weiss (MCW) fit. Value inside the parenthesis is the theoretical value for trivalent
R. Θp: paramagnetic Curie-Weiss temperature in K, TN : magnetic ordering temperature
in K. Blank data means no magnetic ordering down to 1.8 K.

R M(70 kOe) µeff Θp TN Fit method
Ce 0.04 (2.1) N/A (2.54) N/A N/A
Nd 2.24 (3.2) 4.24 (3.62) -27 CW
Sm 0.20 (0.7) 0.95 (0.84) 3 MCW
Gd 6.76 (7) 7.93 (7.94) -7 4.5 CW
Tb 8.39 (9) 10.17 (9.72) -7 CW
Dy 9.39 (10) 10.63 (10.63) -2 CW
Ho 8.34 (10) 9.66 (10.60) -2 CW
Er 8.34 (9) 9.75 (9.59) -3 CW
Tm 5.38 (7) 7.71 (7.51) -4 CW

5.4.2 Heavy rare-earth (R = Gd−Tm)

The H/M curves of RNi4Cd (R = Gd−Tm), measured at H = 10 kOe along H ∥ [111], are
plotted in Fig. 5.4(a). In contrast to the light rare-earth compounds, H/M curves of heavy
rare-earth compounds follow the Curie-Weiss behavior at high temperatures. Thus, µeff

and θp are estimated by fitting the curves with the CW formula from 150 K to 300 K. The
obtained results are summarized in Tab. 5.1. The values of µeff are found to be consistent
with that of respective trivalent rare-earth ions. The small and negative values of θp suggest
a weak antiferromagnetic nature of the exchange interaction between rare-earth ions, and
deviate from the de Gennes factor (dG) scaling [18]. At low temperatures, only GdNi4Cd
shows a peak at 4.5 K in the magnetic susceptibility as a signature of magnetic ordering.
For the rest of rare-earths, the magnetic susceptibility measurement at H = 1 kOe indicate
no magnetic transition down to 1.8 K. Note that YbNi4Cd undergoes an antiferromagnetic
ordering below TN = 0.97 K [186]. The isothermal magnetization for R = Gd−Tm, plotted
in Fig. 5.4(b), linearly increases with the field and indicates a tendency to saturate above
20 kOe. The magnetization values at 70 kOe are somewhat smaller than the theoretical gJ
values.

The electrical resistivity, ρ(T ) curves, normalized at 300 K for R = Gd−Tm are plotted
in Fig. 5.5. ρ(T ) for all compounds follows a typical metallic behavior. The absolute value
of the resistivity at 300 K is shown in the inset. Note that the absolute resistivity value of
RNi4Cd is similar to that of RCu4Cd [39].

The temperature dependence of the specific heat, Cp, curves for R = Gd−Tm and Y are
shown in Fig. 5.6. Among RNi4Cd compounds, only GdNi4Cd shows a clear λ-like peak at
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4.5 K, which is the onset of the antiferromagnetic ordering. Cp for R = Tb−Er indicates an
upturn at low temperatures, where the rise in specific heat as temperature decreases may
suggest a possible magnetic ordering below 1.8 K. It is necessary to measure specific heat
below 1.8 K to confirm whether magnetic ordering exists. The specific heat for R = Tm
shows a broad maximum around 3 K (better seen in the inset), which can be related to a
Schottky anomaly due to low-lying CEF levels. The magnetic part of the specific heat (Cm)
of RNi4Cd (R = Gd−Tm) is estimated by subtracting the specific heat of YNi4Cd and is
plotted in the inset of Fig. 5.6. The Cm curves for R = Tb−Tm indicate broad maxima
at high temperatures, which correspond to the Schottky contributions, as the R3+ ions are
influenced by the CEF.

5.4.3 GdNi4Cd

Since GdNi4Cd indicates the magnetic ordering at 4.5 K, the magnetic properties of this
compound are further investigated. M/H of GdNi4Cd at H = 1 kOe shows a peak at
4.1 K and a hump near T ∼ 3.0 K, as shown in Fig. 5.7(a). The resistivity in zero field
is also plotted in Fig. 5.7(a), showing a sharp drop below 4.5 K probably due to the loss
of spin-disorder scattering. The observed ordering temperature in our single crystal sample
is consistent with the previously reported polycrystalline sample study [178]. However, a
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ferromagnetic ordering at T ∼ 32 K observed in the previous polycrystalline sample due to
the binary GdNi5 inclusion [178] is not detected in our single crystal sample.

The magnetic specific heat Cm in zero field also shows a clear λ-like transition at 4.5 K,
as shown in Fig. 5.7(b). The magnetic ordering can be suppressed below 1.8 K by an external
magnetic field less than ∼50 kOe. A broad maximum in Cm is developed at T ∼ 3.5 K atH =
30 kOe and this maximum moves to higher temperatures as magnetic field increases, which
is probably due to the Zeeman splitting of S = 7/2 energy level. The magnetic specific heat
divided by temperature, Cm/T , is plotted in Fig. 5.7(c). Cm/T does not go to zero below the
magnetic ordering temperature, showing a slight upturn below 2.7 K. The upturn in Cm/T

typically occurs in Gd-based compounds arising from the broken degeneracy of Gd ground
state below the magnetic ordering temperature [188]. It should be noted that a nuclear
Schottky anomaly is observed near T = 0.25 K in HoCu4In and HoCu4Cd [42]. We believe
that the upturn just below TN in our Cm/T of GdNi4Cd is not originated from the nuclear
spin, but the contribution from the Schottky anomaly arising from broken degeneracy of the
ground state J . Since Cm/T does not go to zero, the magnetic entropy (Sm) is estimated
by two scenario. First, Cm/T below 1.8 K is linearly extrapolated to zero with the value of
3.8 J/mole K2, which may reflect the upper limit of Sm. Sm in this limit (solid symbols)
almost reaches the full R ln(8) entropy at TN , as shown in Fig. 5.7(d). Second, Cp must be
zero at zero temperature, thus we assume Cm/T = 0 at 0 K, which can be considered as the
lower limit (underestimate of the magnetic entropy). The estimated Sm in this limit (open
symbol) recovers 70 % of R ln(8) by TN . It has been observed in this family of material
that Sm value at TN is 86 % of R ln(8) for GdCu4Cd [39] and 67 % of R ln(8) for GdCu4In
[40]. In addition, the neutron diffraction experiments have revealed that Ho moments in
HoCu4Cd are fully ordered [42] and Gd moments in GdCu4In are partially ordered [40]. It
is expected that the similar Sm value of GdNi4Cd with that of GdCu4Cd may indicate that
Gd moments in GdNi4Cd is also fully ordered without magnetic frustration. It has to be
noted that the zero field Cm of GdNi4Cd shows an unusual Schottky-like anomaly above
TN , despite CEF splitting not being expected in Gd-based compounds. The full recovery of
R ln(8) entropy at TN for GdNi4Cd suggests that the broad feature above 10 K observed in
Cm is due to the subtraction error.

5.5 Discussion

The RKKY exchange mechanism is examined for its relevance to TN and θp of RT4X com-
pounds. In this family, the 4f -moments of heavy rare-earths are well respected with their
Hund’s rule ground state J values, and their magnetic susceptibility curves are weakly af-
fected by crystalline electric field (CEF) effects due to the small energy level splittings. In
general, the strength of the molecular field λ can be estimated from θp value. When θp is
positive, it indicates ferromagnetic (FM) interactions, while negative values indicate antifer-
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romagnetic (AFM) interactions [189, 190]. The magnetic ordering temperature (Tm) reflects
the exchange energy, which depends on the arrangement of magnetic moments on the lattice
and the types of exchange interactions such as superexchange and RKKY interactions. In
highly localized 4f moment materials, it is often observed that Tc ∼ θp for ferromagnets and
TN < θp for antiferromagnets, due to the simplified molecular field interactions. In some
cases, TN can be further reduced by geometrically frustrated lattice structures such as fcc,
Kagome, and pyrochlore. Comparing θp in this family can provide valuable insights into
the relative strength of exchange interactions and the dominant parameters affecting the
magnitude of both θp and Tm in isostructural settings. In particular, Gd-based compounds
are suitable for this analysis because of L = 0 state.

For GdT4X compounds, we investigate a correlation between the electrical resistivity at
300 K, ρ(300K), and other parameters such as the lattice parameter, TN , and θp. ρ(300 K)
for metallic GdT4X compounds is plotted in Fig. 5.8(a) against their lattice parameter. Note
that GdCu4In is not plotted in the figure, where the resistivity value of the semimetallic
RCu4In series is much larger than that of other metallic compounds in this family [39].
As the lattice parameter increases, the value of ρ(300 K) increases. This relationship has
been observed in the RCu4In and RCu4Cd series, where a larger R results in a significant
increase in resistivity values [195, 39]. However, when R is varied from Gd to Tm in the
RNi4Cd series, the resistivity value at 300 K does not show a significant change (Fig. 5.5),
despite the series exhibiting a similar degree of lattice contraction.

In a simple model, the electrical resistivity value is inversely proportional to the carrier-
density n which is proportional to the density of states N(EF ) at the Fermi level. Therefore,
variations of ρ(300 K) can be used as an approximation for the relative change in N(EF )
within this family of materials. Among this group, GdNi4Cd exhibits the smallest resistivity
value at 300 K, ρ(300 K) ∼ 25 µΩ cm, implying the largest N(EF ). This result is supported
by the observed values of electronic specific heat coefficient γ and susceptibility χ0 in non-
magnetic compounds, as γ and χ0 values are proportional to N(EF ). The γ and χ0 values
are 14 mJ/mol K2 and 1×10−3 emu/mol for YNi4Cd [186] and 2.91 mJ/mol K2 [39] and
2.7×10−5 emu/mol [196] for LuCu4In, respectively. To best our knowledge, YNi4Cd has
the highest χ0 value among previously reported non-magnetic RT4X compounds. Thus,
YNi4Cd is considered a good metal with ρ(300 K) ∼ 10 µΩ cm, while LuCu4In is a low-
carrier-density semimetal with a very large ρ(300 K) ∼ 1000 µΩ cm.

The TN and θp values of metallic GdT4X compounds are displayed in Figs. 5.8(b) and
(c), respectively, as a function of ρ(300 K). It appears that both TN and θp are approximately
proportional to ρ(300 K). For metallic GdT4X, the frustration parameter ranges 0.5 < f <

2 as shown in Fig. 5.8(d). Compounds with large |θp|, such as GdCu4Cd and GdCu4Mg,
tend to have a frustration parameter between 1 and 2, while compounds with small |θp|,
such as GdNi4Cd, GdNi4In, and GdCu4Ag, tend to have a frustration parameter less than
1. The observed f suggests a variation in the strength of the RKKY interaction between the
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various Gd-Gd pairs responsible for TN and θp. It seems that the lattice parameter plays a
significant role in tuning N(EF ) and TN and θp for metallic GdT4X compounds.

It has been generally considered that the magnetic ordering temperature of 4f -based
metallic systems is proportional to the square of effective exchange interaction (j2

sf ) and
N(EF ) [39]: TN ∝ j2

sfN(EF ). However, the metallic GdT4X compounds seem to follow the
opposite direction where the larger N(EF ) does not necessarily enhance the TN . According
to Ref. [197], the variation and sign change of θp in Gd-based compounds can be explained
by the RKKY mechanism. In the RKKY picture [12, 13, 14, 18], θp for both AFM and FM
interactions can be expressed by

θp = 2(g − 1)2J(J + 1)J (Q = 0)
3kB

, (5.1)

J (Q = 0) = − 9πn2
0

4kBEF
j2

sf

∑
i

F (2kFRi), (5.2)

where J (Q) is the effective exchange interaction between f -electron spins mediated by
conduction electrons, (g−1)2J(J+1) is the de Gennes factor (dG) for the angular momentum
quantum number J , and n0 is the average number of conduction electrons per unit cell.
The RKKY sum varies between positive and negative values depending on a dimensionless
quantity kFRi, leading to sign changes in θp. Hence, the observed behavior can be explained
by considering the position and direction of the RKKY sum, where the increment of kFRi

leads to either an approach to or a departure from zero of RKKY sum.
For RCu4X (X = Cd, In, Pd, Ag, and Au), the RKKY sum has been calculated by

assuming R and Cu atoms contribute three and one electron to the conduction band, re-
spectively [182, 198, 39, 197]. When the magnitude of θp is large, this picture qualitatively
explains the variation of θp, where the observed θp linearly scales with dG. However, when
the θp value is small and locates near a sign change in the RKKY sum, the dG scaling
breaks down as shown for the cases of RCu4X (X = Ag and Au) and RNi4Cd. For RCu4X

(X = Ag and Au), θp even shows a sign change when R is varied from Gd (dG = 15.8) to
Tm (dG = 1.2), which should not occur in the conventional RKKY mechanism. Therefore,
constant conduction electrons or exchange interactions jsf upon isoelectric substitution, as-
sumed in the simple RKKY interaction, cannot be applied to real materials, where proper
band structures must be considered to evaluate J (Q).

The observed θp values of isostructural GdT4X compounds are strongly dependent on
the lattice parameter, implying a correlation with the interatomic spacing between the Gd
ions. This relationship is demonstrated in Fig. 5.9, which plots θp values as a function of
their lattice parameters. As seen in the figure, a decrease in the lattice parameter (i.e. a
shorter Gd-Gd distance) leads to a shift of θp value toward a positive direction. Note for
other rare-earth elements (R = Tb−Tm) that the lattice parameter of RT4X closely follows
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the trend of the lanthanide contraction, regardless of R, T , and X, and θp indicates a similar
trend as shown in Fig. 5.1.

We observe that the substitution of T and X in GdT4X has two main effects: i) a lattice
effect due to the substitution of ions with different ionic sizes and ii) an electronic effect
due to the substitution of ions with different valence electrons [199]. Although the complete
band structures are necessary to know the exact relationship between these two factors,
we infer the dominant effect for given substitutions from the experimental observations.
Figure 5.8(a) suggests that the lattice contraction has a tendency to increase kF , as ρ(300K)
is proportional to 1/N(EF ) ∝ 1/kF . For isoelectric substitution of Ag with Au in GdCu4X,
change in θp is small due to the small lattice contraction. Similarly, substituting Cd with Mg
in GdCu4X results in insignificant variations of θp, possibly due to the negligible increase
in N(EF ) resulting from the small lattice expansion.

For Cd→Ag→Pd substitution, both the lattice and electronic effects are needed to be
considered. Since the exact number of valence electrons contributing to the conduction band
is unknown, we simply consider the electronic configurations of X atoms in GdCu4X (X
= In, Cd, Ag, Pd): the outer electrons are progressively removed from [Kr]4d105s25p1 in
In, followed by [Kr]4d105s2 in Cd, [Kr]4d105s1 in Ag, and [Kr]4d10 in Pd. Note that Au has
the electronic configuration of [Kr]5d106s1, which is similar to Ag but with a higher energy
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level. Ag has one less 5s electron than Cd, contributing one less electron to the conduction
band and decreasing kF . When X is varied from Cd to Ag, θp shows a very large jump from
from −78 K to −7 K, suggesting a large electronic effect. When X is substituted from Ag
to Pd, θp changes from −7 K to +108 K. The degree of lattice contraction in the Ag→Pd
substitution is similar to that in the Cd→Ag substitution, implying the electronic effect has
a greater impact on θp than the lattice effect. The removal of the outermost electrons in the
s-orbital in GdCu4X (Cd, Ag, Pd) makes the compound more ferromagnetic, as indicated
by the sign change of θp. A similar transition from a strong AFM to strong FM exchange
interactions between Gd moments has been observed in Gd-monopnictides GdXp (Xp = Bi,
Sb, As, P, and N), which also form the fcc lattice by Gd moments. For GdXp, the lattice
parameter plays a crucial role in controlling θp [200, 201, 202]. When Xp is changed from Bi
to N, which is an isoelectric substitution, the θp values change from −45 K to +81 K as the
lattice parameter decreases by 20 %. The lattice contraction for GdXp is much larger than
that for GdCu4X case (−1.5 %). For GdXp, the J1 and J2 model explains this transition,
as the strong distance-dependent d − f mixing interactions result in a strong FM J1 and
weak AFM J2 via lattice contraction [201, 203].

For the case of In→Cd substitution, the trend is reversed in GdCu4X. When an electron
from the 5p orbital of In is removed, contributing one less electron to the conduction band,
the θp value is expected to be decreased by reduced kF . However, θp becomes more AFM as
X changes from In to Cd. The same behavior is also observed in GdNi4X. The In→Cd sub-
stitution involves p-orbital electrons contributing to the Fermi level, while the Cd→Ag→Pd
substitution involves s-orbital electrons. It is plausible to conjecture that different types of
electrons (s-like or p-like) have different effects on the conduction bands, leading to different
exchange interactions. This observation suggests that the type of electron seems to matter
to determine θp.

The Cu→Ni substitution has a relatively large lattice (∆a/a ∼ −3%) contraction, and it
is expected to cause a shift of θp towards a large and positive value. However, the observed
θp values for all Ni-based compounds are small. The Cu atom in these family has a closed
d-shell with electronic configuration of [Ar]3d104s1, which is confirmed from YbCu4X by
Cu K-edge XAS experiments, and provides an electron from its s-orbital to the conduction
band [204]. It has been suggested that Cu and Ni atoms provide the same number of s-
electrons to the conduction band [205]. Since Ni has one less d-electron than Cu and there
are four more Ni atoms than Gd and X atoms in the unit cell, the number of d-electrons
contributing to the conduction band should be considered. It seems that, unlike the case for
removing s-electrons, reducing the number of d-electrons does not induce a drastic effect,
changing θp from large negative to large positive. This may be partly due to the electronic
effect being partially offset by the lattice effect. Again, the type of electrons, d vs s, seems
to be important to describe actual materials with RKKY interaction.
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We now examine how the observed TN values for GdT4X vary in relation to θp and
carrier-density upon substitution in T and X. In metallic RT4X, the magnetic ordering
temperature exhibits a strong correlation with θp; higher θp values result in higher TN

values as shown in Fig. 5.10. In antiferromagnets, the ordered state is characterized by a
non-zero wave vector Q, where the magnetic ordering temperature is given by the equation
Tm = 2(g − 1)2J(J + 1)J (Q)/3kB. Thus, it has been often observed that TN is lower
than |θp|. In addition, TN < |θp| may indicates a sign of magnetic frustration. Note that
the wave vector in ferromagnets is zero Q = 0 in the ordered state. The small f values
ranging from 0.5 to 2 in metallic RT4X suggest that the effect of the magnetic frustration
is not significant. Thus, the wave vector-dependent exchange interaction is responsible for
TN < |θp| in metallic RT4X compounds. However, the large value of f ∼ 10 observed in
GdCu4In case implies the magnetic frustration in low carrier-density, semimetallic state
which results from the Fermi level lying on the quasi-gap in the density of states [206]. It
has been suggested that the magnetic frustration in Gd moments in GdCu4In or HoCu4In
arises from short-range superexchange interactions due to the insufficient carrier-density,
which prevents the formation of a long-range magnetic order. [40, 39].

In the J1−J2 model, the relative strength between nearest neighbor exchange interaction
J1 and next nearest neighbor exchange interaction J2 gives rise to various magnetic struc-
tures in the fcc antiferromagnets, including type-I (α = J2/J1 ≤ 0), type-II (1/2 ≤ α ≤ ∞),
and type-III (0 ≤ α ≤ 0.5) [207, 208]. For the low carrier-density systems, neutron diffrac-
tion experiments have confirmed that the magnetic structure of GdCu4In and HoCu4In
is partially frustrated, where half of the rare earth moments are frustrated and the other
half are ordered below TN [40, 42]. This magnetic structure is intermediate between type-I
and type-III and is realized only when J2 is zero. We suspect that the absence of J2 may
result from the low carrier-density nature. Neutron diffraction experiments for the metallic
case has shown that HoCu4Cd has a type-II magnetic structure. It is not unreasonable to
assume that GdCu4Cd has the same type-II magnetic structure. In this assumption, as the
concentration of Cd in GdCu4(In1−xCdx) increases, the magnetic structure is expected to
evolve from the partially frustrated to type-II. In this substitution, the lattice parameter
changes a little, leading to a small change in θp. However, there is a significant enhancement
of TN probably due to a significant increase in the carrier-density and consequently greater
contribution from J2. On the other hand, although the carrier-density is significantly in-
creased, TN remains near 5 K for Gd(Cu1−xNix)4In case. Increasing x in Gd(Cu1−xNix)4In
causes a large variation of θp due to a large change of the lattice parameter. Although the
recovered metallic carrier-density induces a long-range RKKY interaction, TN cannot ex-
ceed |θp| because it is bound by |θp| [189]. In these substitutions, the doping concentration
x does not result in a continuous variation of θp, where θp changes abruptly at the criti-
cal concentration near x ∼ 0.75 [39, 185]. A similar behavior has been observed from the
carrier-density dependence of θp in semiconductors [209, 210]. The step-like change of θp

80



requires a modified RKKY model with a two-valence-band approximation and a finite mean
free path for carriers [210]. Thus, more realistic band structures are necessary to explain
the variation of θp in GdT4X.

The observation of small TN values in GdNi4X is not surprising because TN is bounded
by |θp|. However, it is worth investigating what makes θp of Ni-based compounds small.
According to the calculation of J (Q) for a fcc lattice [197], various magnetic structures are
possible depending on kF . The calculation shows that the FM structure is stabilized at low
kF and transitions into the type-II AFM structure as kF increases. For GdCu4X (X = Cd,
Ag, and Pd) cases, the variation of θp from a large negative to large positive may be related
to the FM−AFM transition region in the J (Q) calculation. We conjecture for GdNi4X (X =
Cd, Mg, and In) cases that the strength of the exchange interactions between molecular fields
produced by rare-earth planes (θp) is suppressed by lattice contraction. Further electronic
band structure calculations are necessary to determine the potential connection between
the incomplete d-shell of Ni and the lack of strong ferromagnetism in GdNi4X.

5.6 Summary

We have successfully grown single crystals of RNi4Cd (R = Y, Ce, Nd, Sm, and Gd−Tm) us-
ing the Cd flux and determined that they have the MgCu4Sn-type structure. Ce and Ni ions
are non-magnetic, with Ce having a 4+ valence state. The other rare-earth magnetic ions
have a 3+ valence state, and the magnetic behavior of these heavy rare-earth compounds
is well described by Hund’s rule ground state J . We have found that the Curie-Weiss tem-
perature θp of isostructural metallic compounds RT4X (R = Gd−Tm, T = Cu and Ni, and
X = Cd, In, Mg, Ag, and Au) shifts towards a positive direction as the lattice parameter
decreases, except for RCu4Pd. This behavior can be qualitatively explained by RKKY the-
ory. We have also investigated the parameters and conditions affecting θp and TN in GdT4X

and their relationships. The substitution of T and X in GdT4X has both lattice and elec-
tronic effects, with the dominant effect deduced from experimental observations. Lattice
contraction tends to increase kF , while removing the outermost electrons in the s-orbital in
GdCu4X results in a more ferromagnetic compound. However, θp of GdNi4X compounds
approaches zero as the lattice parameter decreases. Further investigation is necessary to
elucidate this behavior.
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Chapter 6

Physical properties of
Ce3+xRu4Sn13−x

6.1 Introduction

The intermetallic compounds with a nominal stoichiometry R3T4X13 (R = rare-earth or
alkaline earth, T = transition metal, and X = p-block element) crystallize into the cu-
bic Yb3Rh4Sn13-type structure (Pm3̄n) [211, 212] and show diverse phenomena such as
superconductivity [213], heavy fermion behavior [214], and charge-density-wave transition
[215, 216]. In addition, some Ce- and Yb-based R3T4X13 compounds such as Ce3Rh4Sn13

and Yb3Ir4Ge13 show complex magnetic behavior with no clear signature of long-range mag-
netic order [217, 4]. In the Yb3Rh4Sn13-type structure, a tilted three-dimensional network
of corner-sharing Rh(Sn)6 trigonal prisms forms the backbone of the crystal structure and
two large cavities in cuboctahedra and icosahedra arrangements are filled by Yb (Wyckoff
position 6d) and Sn (Wyckoff position 2a), respectively [218]. In some R3T4X13 (3-4-13)
compounds, the X atoms at the 2a site can be substituted by R atoms [219, 220], leading
to the chemical formula R3+xT4X13−x, where x is the occupancy of R at the 2a site. When
the X atoms at the 2a site are fully substituted by R atoms (e.g., x = 1), compounds
are known to adopt the cubic LaRuSn3-type (1-1-3) structure (Pm3̄n) [219]. For example,
RPtIn3 [221], CeRuGe3 [222], RRhSn3 [223], and RRuSn3 [219] adopt the LaRuSn3-type
structure. However, in these compounds, the mixed occupancy at the 2a site has been ob-
served and their 3-4-13 counterparts (x = 0) are also reported. Therefore the general formula
R3+xT4X13−x can be used to describe the type of structure in this family of compounds.

Although the 3-4-13 (x= 0) and 1-1-3 (x= 1) compounds belong to the same space group
Pm3̄n, their observed physical properties show significant differences mostly due to the
replacement of X atoms by R atoms at the 2a site. For example, the compound Ce3Rh4Sn13

reveals no magnetic ordering down to 50 mK [224], whereas the compound CeRhSn3 shows
typical Kondo lattice behavior with a magnetic phase transition at 4 K [223]. The electrical
resistivity of La3Rh4Sn13 follows metallic behavior [217, 225, 226], but LaRhSn3 shows
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semiconductorlike behavior [223]. The heavy fermion Ce3+xRu4Sn13−x system also shows a
strong x-dependence in their physical properties [227, 228, 229, 230]. At low temperatures,
the specific heat divided by temperature, C/T , of Ce3Ru4Sn13 shows a diverging behavior
as temperature decreases, reaching a value as high as 4 J mol−1

Ce K−2 at T = 0.4 K [227],
while C/T of CeRuSn3 shows a broad maximum at T ∼ 0.6 K with a value of 1.5 J mol−1

Ce

K−2 [230]. The magnetic susceptibility measurement of CeRuSn3 also indicates a broad
maximum at T ∼ 0.6 K [230], where the origin of the maximum is suggested to be short-
range magnetic fluctuations and (or) spin-glass dynamics [231, 230]. The electrical resistivity
measurements of these compounds also show a clear distinction in that Ce3Ru4Sn13 follows
metallic Kondo lattice behavior [227] and CeRuSn3 shows semiconductorlike behavior [230].

In this thesis, we demonstrate that physical properties of the Ce3+xRu4Sn13−x system
are very sensitive to the initial Ce/Sn loading compositions, eventually controlling the Ce
occupancy at the 2a site. In order to control the occupancy of Ce at the 2a site, single
crystals of Ce3+xRu4Sn13−x (0.05 ≤ x ≤ 0.34) have been grown with Sn flux with various
Ce/Sn ratios. A systematic variation of thermodynamic and transport properties is clearly
observed as x increases from 0.05 to 0.34. The observed physical properties for the x = 0.05
and 0.34 single crystals are quite similar to those of earlier polycrystalline Ce3Ru4Sn13 and
CeRuSn3 results, respectively.

6.2 Experiments

Single crystals of Ce3+xRu4Sn13−x (0.05 ≤ x ≤ 0.34) were prepared with different initial
Ce, Ru, and Sn ratios. High purity Ce, Ru, and Sn were loaded into an alumina crucible
with the ratio described in Table 6.1. The crucible was sealed into an amorphous silica tube
under partial Argon atmosphere. The ampoule was heated and cooled in a furnace with the
temperature profile in Table 6.1. Right after the ampoule was removed from the furnace,
the crystals were separated from the liquid by a centrifuge. The as-grown single crystals
with the dimension of ∼6 × 6 × 6 mm3 (∼0.6 g) show clear facets with Sn droplets on
the surface, as shown in the inset of Fig. 6.2. The batch with 3 % Ce (Sample #0) yields
only binary Ru3Sn7 and the batch with Ce 15 % (Sample #6) produces only CeSn3. The
decanting temperature of Sample #1 and #5 was set to 950 ◦C to avoid Ru3Sn7 and CeSn3

binary phases. It has to be noted that when the decanting temperature is set to 900 ◦C
for the batch with 3.75 % Ce (Sample #1) both binary and ternary phases are obtained.
However, raising the decanting temperature from 900 to 950 ◦C does not significantly affect
the electrical resistivity (see below results). The single crystals of La3+xRu4Sn13−x were
prepared with the same growth condition as Sample #5 in Table 6.1.

The composition of the grown single crystals was determined from Energy-dispersive X-
ray (EDX) spectra, obtained from a FEI Helios NanoLab 650 FIB/SEM system equipped
with a EDAX Octane 60 mm2 EDX detector. The EDX spectra were collected by selecting
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three 1500 µm × 500 µm areas with accelerating voltage of 30 kV for 100 seconds. To verify
the crystal structure of the title compound, powder X-ray diffraction (XRD) patterns of
crushed single crystals were collected in a Rigaku MiniFlex diffractometer at room temper-
ature. Silicon powders as an internal standard were added to correct the instrument’s zero
shift (Fig. 6.2). Large single crystals were cut into appropriate sizes using a wire saw and
all surfaces were polished before performing physical property measurements. The dc mag-
netization, for temperature ranging from 1.8 K to 300 K and magnetic field up to 70 kOe
applied along [100] crystallographic direction, was measured in a Quantum Design (QD)
Magnetic Property Measurement System (MPMS). Electrical resistivity measurement was
performed down to 1.8 K in a QD Physical Property Measurement Systems (PPMS). Spe-
cific heat was measured by the relaxation method down to T = 0.4 K for Sample #5 and
to T = 1.8 K for the rest of samples in a QD PPMS.

6.3 Results and analysis

6.3.1 Crystal structure and composition analysis of R3+xRu4Sn13−x (R =
Ce and La)

Powder XRD patterns for Sample #5, as representative data, are shown in Fig. 6.2. The
observed peak positions are well indexed by the Yb3Rh4Sn13-type structure (Pm3̄n). Except
for a low intensity Sn peak at around 2θ ∼ 30.5◦, no unindexed peaks or impurity phases are
detected. It should be noted that the obtained XRD pattern can also be indexed with the
LaRuSn3-type structure (Pm3̄n). The only difference between these two structure types is
the Ce/Sn occupancy at the 2a site. Due to the subtle difference in their relative intensities,
we were not able to distinguish between these two structure types. Therefore, only the
lattice parameter is calculated from the XRD patterns using the FullProf software [232].
The crystal structure of the two structure types is shown in Fig. 6.1. The 2a site is at
the vertices and the center of the cube. Each Ce ion at the 2a site is encapsulated by Sn
icosahedron (dark cyan).
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Figure 6.1: Crystal structure of R3+xRu4Sn13−x with two different reported structure types.
Figure is modified from [233].

The chemical compositions of the grown single crystals (Sample #1-5), obtained from
EDX analysis, are plotted in Fig. 6.3 as a function of initial Ce loading composition (Ce
load %). The obtained Ce composition increases as Ce load % increases, whereas the Sn
composition decreases as Ce load % increases. The composition of Ru remains relatively
constant for all measured samples, suggesting the full occupancy of Ru at the 8e Wyckoff
position. An earlier study on RPtIn3 shows full occupancy at the 8e, 6d, and 24k sites and
mixed occupancy at the 2a site [221]. This structural feature is prevalent in this family of
materials, including Ca3+xCo4Sn13−x [220] and Ce3+xRu4Ge13−x [222], as revealed by X-ray
and neutron diffractions. In addition, the full occupancy of rare-earth atoms at the 2a site
is realized in RRuSn3 (R = La, Ce, Pr, and Nd) [219] and the full occupancy of Sn at the
2a site is revealed in Ce3Ru4Sn13 [234]. Therefore, we determined the chemical formula of
the currently studied samples by fixing the averaged Ru composition of five samples to 4.
When the mixed occupancy at the 2a site (Ce/Sn) and the full occupancy at the 8e (Ru),
6d (Ce), and 24k sites (Sn) are assumed, the obtained chemical formula are consistent with
the general formula Ce3+xRu4Sn13−x. Based on this assumption we infer the Ce occupancy
at the 2a site from x that is found to be 0.05 for the lowest Ce load % (Sample #1) and 0.34
for the highest Ce load % (Sample #5). Note that the EDX analysis doesn’t provide the
occupancy of atoms at their respective sites, and thus high resolution X-ray experiments
with Rietveld refinements must be performed to obtain the actual occupancies at given
sites. The estimated x values are summarized in Table 6.1, where x increases as Ce load %
increases. The composition of the non-magnetic analog is also obtained using the same EDX
analysis and x value is found to be x ≃ 0.65.
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The obtained lattice parameters are plotted in Fig. 6.4 as a function of x, together
with earlier polycrystalline sample studies [235, 236, 234, 231, 228, 219]. The x-error bars
are based on the lower and upper bounds of averaged Ru composition and the y-error
bars are estimated from the deviation of the expected Si Bragg peak positions. The lattice
parameter obtained in this study generally decreases with increasing x, which is opposite
to what has been reported in earlier studies. In the earlier polycrystalline sample studies,
lattice parameters for all reported CeRuSn3 samples (x = 1) [231, 228, 219] are larger than
that of all reported Ce3Ru4Sn13 samples (x = 0) [235, 227, 234]. The XRD patterns of
the compound La3+xRu4Sn13−x can also be indexed with both the Yb3Rh4Sn13-type and
LaRuSn3-type structures (not shown). The reported lattice parameter of La3+xRu4Sn13−x

compounds mostly ranges from a = 9.766 Å to 9.777 Å for La3Ru4Sn13 [234, 236] and from
a = 9.773 Å to 9.782 Å for LaRuSn3 [219, 228, 237]. The obtained lattice parameter a =
9.7664(16) Å for x = 0.65 is slightly smaller than that for x = 1. The large fluctuation in the
lattice parameter is probably due to the different sample quality and inconsistent method
applied to obtain it. Thus, the comparison of the lattice parameter is not conclusive and
requires further investigation.
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6.3.2 Physical properties of La3+xRu4Sn13−x

The observed physical properties of La3.65Ru4Sn12.35 are consistent with a weakly diamag-
netic intermetallic compound. The magnetization measurement at 1.8 K shows a very large
diamagnetic signal below 5 kOe due to the superconducting phase and shows an increase
in negative magnetization at high magnetic fields, as shown in Fig. 6.5(a). The magnetic
susceptibility, M(T )/H, at 70 kOe (left inset) weakly depends on temperature with a very
small average value. In the zero-field-cooled measurement at 1 kOe, the superconducting
transition occurs at about 2 K (right inset). Since the flat region of the superconducting
state does not appear in the magnetic susceptibility, the concentration of the superconduct-
ing phase is not possible to estimate. Figure 6.5(b) shows the electrical resistivity, ρ(T ),
of La3.65Ru4Sn12.35. ρ(T ) follows metallic behavior (e.g. dρ/dT >0) at high temperatures
and indicates a superconducting transition at TSC = 2.1 K (inset). Although the observed
metallic behavior is consistent with an earlier polycrystalline La3Ru4Sn13 sample [227], the
absolute value of the resistivity is roughly four times smaller than that of the polycrystalline
sample. In addition, TSC of the single crystal is slightly higher than the reported transition
temperature of ∼1.5 K [227]. The difference could be due to the sample quality. Note that
semiconductor-like behavior is observed for the polycrystalline LaRuSn3 sample [238].

The specific heat, Cp, of La3.65Ru4Sn12.35 as a function of temperature is shown in
Fig. 6.5(c). The Cp measurement clearly confirms the superconducting phase transition at
T ∼ 2.1 K, as shown in the inset, where the peak position of the maximum coincides with
the resistivity signature. Since the resistivity value goes to zero in the superconducting state
and the specific heat shows a jump at ∼2.1 K, the bulk superconducting phase transition is
the ternary phase, not from an impurity or Sn phase. Above TSC the electronic and phonon
contributions are estimated by Cp = γT + βT 3. The electronic contribution γ and Debye
temperature ΘD are obtained to be ∼16.95 mJ/mol K2 and ∼170 K, respectively, from the
Cp/T vs T 2 plot (inset). The obtained Debye temperature is consistent with the earlier study
(ΘD = 150 K [227]). By using the obtained γ value, the specific heat jump ∆Cp/(γTSC)
= 1.46 is found to be only slightly above 1.43, indicating that the superconductivity in the
La3.65Ru4Sn12.35 compound can be ascribed to the conventional isotropic BCS type.

6.3.3 Resistivity behavior of Ce3+xRu4Sn13−x

The ρ(T ) curves of Ce3+xRu4Sn13−x for Samples #1 –#5 (0.05 ≤ x ≤ 0.34) are shown in
Fig. 6.6. The absolute value of the electrical resistivity for the entire temperature range
measured increases as x increases. For x = 0.05 [Fig. 6.6(b)], ρ(T ) follows Kondo lattice
behavior with a resistivity minimum at Tmin ∼ 45 K. Tmin gradually moves to higher tem-
perature as x increases. For x ≥ 0.23, the resistivity, upon cooling, continuously increases
without the minimum. The evolution of ρ(T ) as a function of x can be seen better from
the resistivity curves normalized at 300 K. To compare, the normalized resistivity curves
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Figure 6.5: Physical properties of La3+xRu4Sn13−x for x = 0.65. (a) M(H) for H ∥ [100] at
T = 1.8 K. Insets show M/H at H = 70 kOe (left) below 300 K and at 1 kOe below 3 K
(right). (b) ρ(T ) below 300 K. Inset shows the expanded plot below 3 K. (c) Cp per formula
unit. Inset shows C/T vs. T 2 plot. Solid line represents the fit to γT + βT 3.
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of polycrystalline Ce3Ru4Sn13 (x = 0) [227] and CeRuSn3 (x = 1) [230] are plotted to-
gether with the currently studied single crystals in Fig. 6.7. The normalized ρ(T ) curves of
Ce3+xRu4Sn13−x single crystals systematically vary between x = 0 and x = 1. The resistiv-
ity value at 300 K, ρ(T = 300 K), and the observed Tmin for various x are plotted in Fig.
6.9, where both ρ(T = 300 K) and Tmin increase quasi-linearly as x increases. It should
be noted that ρ(T = 300 K) for polycrystalline Ce3Ru4Sn13 is much higher than that for
samples with x > 0.

6.3.4 Growth condition dependence on resistivity behavior of Ce3+xRu4Sn13−x

ρ(T ) of the Ce3+xRu4Sn13−x system is very sensitive to the initial stoichiometric ratios of
the constituent elements. In addition, the cooling rates and decanting temperatures of the
samples appear to be critical parameters for the absolute value of the electrical resistivity.
We have grown multiple samples for x= 0.05 with different cooling rates (1 – 10 ◦C per hour)
and slightly different decanting temperatures. Figure 6.8 shows the normalized resistivity
curves of Sample #1, a sample with a 900 ◦C decanting temperature and cooling rate of
1 ◦C/h (Sample D900), and a sample with a 950 ◦C decanting temperature and cooling rate
of 10 ◦C/h (Sample C10). The normalized resistivity curves of the three samples are almost
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identical, with the temperature dependences and Tmin remaining the same. However, the
absolute value of the resistivity is affected by the temperature profiles, as shown in the inset
of Fig. 6.8, which is probably driven by the large degree of grain boundary effects.

With varying the occupancy of Ce at the 2a site, the electrical resistivity of the Ce3+xRu4Sn13−x

system drastically changes from metallic Kondo lattice behavior (x = 0) to semiconductor-
like behavior below 300 K (x = 1). Such sample-dependent electrical resistivity has been
observed in earlier polycrystalline CeRuSnx (2.85 ≤ x ≤ 3.15) samples [239], where the ab-
solute value of the resistivity becomes smaller when varying x from 3, and drastic changes in
ρ(T ) are observed at low temperatures for both the Sn-excess case (x > 3) and Sn-deficient
case (x < 3). Since the 2a site in Ce3+xRu4Sn13−x is occupied by both Ce and Sn atoms, the
systematic variation of the electrical resistivity can be related to the site disorder. It has been
empirically demonstrated that a semiconductor-like enhancement of resistivity upon cool-
ing in germanides with Yb3Rh4Sn13-type structures is related to the large crystallographic
disorder: the ratio of the atomic displacement parameter (ADP) between the 2a site atom
and transition metal atom correlates well to the resistivity data [213]. Note that the ADP
ratio of 3-4-13 germanides is generally greater than that for metallic stannides [213]. In the
currently studied samples, the highest disorder is expected from La3+xRu4Sn13−x with x =
0.65, however the resistivity shows metallic behavior. It is expected from the inset of Fig.
6.9 that the Tmin value for x > 0.18 is higher than 300 K. Therefore, it is not unreasonable
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to assume that the semiconductor-like behavior (dρ(T )/dT < 0) observed for x > 0.18
originates from Kondo scattering below Tmin.

6.3.5 Magnetic field dependence on resistivity behavior of Ce3+xRu4Sn13−x

In the current study, the importance of Kondo scattering in conjunction with the crystalline
electric field (CEF) effect complicates a straightforward interpretation of the resistivity
data. In zero field, the combined Kondo and RKKY interactions qualitatively explain the
resistivity of various Kondo lattice systems. Since no magnetic ordering has been observed
in Ce3+xRu4Sn13−x (0 ≤ x ≤ 1) compounds, the Kondo interaction overcomes the RKKY
exchange interaction and thus a normal Fermi liquid should be realized in this system. The
single-impurity Kondo-like resistivity in all samples at low temperatures and the absence
of a T 2 Fermi liquid regime below the coherence temperature are puzzling. Therefore, the
resistivity is measured under external magnetic fields that will suppress the contributions
of both Kondo and RKKY scattering at different rates. The magnetoresistance (MR) of
Ce3+xRu4Sn13−x at 1.8 K for H ∥ [100] is shown in Fig. 6.10(a). Although the relative
variation of MR is small for all x, probably due to the disorder, the MR curves clearly
show a systematic evolution, changing from negative to positive MR as x increases. MR for
x = 0.05 is negative for all measured fields, suggesting that the ρ(T ) upturn below Tmin

could arise due to the Kondo interaction.
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Figure 6.9: Resistivity value at 300 K, ρ(300 K), for various x. Inset shows the resistivity
minimum, Tmin, for x < 0.2. Star (x = 0) and pentagon (x = 1) symbols are taken from
Ref. [227] and [230], respectively. Lines are guides to the eyes.

The ρ(T ) curves at various magnetic fields further support the Kondo effect. In zero
field, a logarithmic increase of the resistivity with decreasing temperature, ρ(T ) ∼ − log(T ),
indicates incoherent Kondo scattering as shown in Fig. 6.10(b). At low temperatures, a mag-
netic field suppresses spin-flip scattering, causing the negative MR and the development of
a maximum (coherence). The maximum moves to a higher temperature as magnetic field
increases, which is consistent with the behavior observed in many heavy fermion (Kondo
lattice) systems. The MR curve for x = 0.34 is positive at low fields but starts showing
a negative trend as the field increases further. In zero field, ρ(T ) ∝ − log(T ) behavior
is dominant, however the resistivity measurements indicate a negligible MR as shown in
Fig. 6.10(c). It will require a much higher magnetic field to observe the maximum in the
resistivity. We conjecture that the evolution of MR as a function of x is caused by the
combination of Kondo scattering at the 6d site and an increase in the randomness of f -
electron scattering at the 2a site. It should be distinguished from the effect of dilution of
f -sites (i.e., the Ce-ions are replaced by non-f -ions like La-ions). It has been shown that
different Kondo systems exhibit positive or negative MR depending on the temperature
regime, the number of occupied f -electrons per site, and the Kondo temperature. For the
Ce3+xRu4Sn13−x system, the disorder (especially related to the 2a site) increases as x in-
creases, implying that the random f -electron scatterings become significant for higher x.
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We note that the enhancement of RKKY scattering for higher x may provide an alternate
explanation of the positive MR contributions. Our results suggest the relative importance
of disorder contributions that may have a strong influence on the electrical resistivity.

6.3.6 Magnetization measurements of Ce3+xRu4Sn13−x

Inverse magnetic susceptibility, 1/χ(T ) = H/M , curves for Ce3+xRu4Sn13−x single crystals
are shown in Fig. 6.11(a). All curves show a slight deviation from the linear temperature
dependence above ∼150 K. Therefore, the effective moments, µeff , and Weiss temperatures,
θp, are estimated by fitting 1/χ(T ) curves to modified Curie-Weiss (C-W) law: χ(T ) =
χ0 +C/(T − θp). The obtained results are plotted in Fig. 6.11(b) together with values from
the previous polycrystalline sample studies [234, 228, 230]. The µeff values of single crystal
samples are close to the expected free Ce3+-ion value (2.54 µB). Note that µeff values
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for polycrystalline samples are slightly smaller than the theoretical value. The estimated
θp values (∼ −40 K) for single crystal samples are almost independent of x, but larger
than those for polycrystalline CeRuSn3 and Ce3Ru4Sn13 samples. It has to be noted that
the obtained paramagnetic χ0 values are in the range of ∼ 1 × 10−4 emu/f.u., which is
somewhat bigger than the diamagnetic response of La-compound, plotted in the inset of
Fig. 6.5(a). It is interesting to note that mixed valence behavior has been previously observed
in 3-4-13 germanides Ce3Ru4Ge13, Ce3Os4Ge13, and Ce3Ir4Ge13 [222, 240, 241]. Both µeff

and θp values in Ce3+xRu4Sn13−x show no correlation with x, suggesting that Ce-ions in
these compounds retain the 3+ valence state at both the 6d- and 2a-sites. This result is
consistent with the absence of the f0 peak associated with tetravalent Ce-ions in core-level
photoemission spectra in polycrystalline CeRuSn3 and Ce3Ru4Sn13 samples [242, 236].

Figure 6.11(c) shows magnetic susceptibility, M/H, curves for Ce3+xRu4Sn13−x single
crystals. Unlike the high temperature magnetic response, the low temperature M/H curves
exhibit strong x dependence. The M/H curve for x = 0.34 continuously increases with
decreasing temperature, whereas a clear broad maximum is detected at ∼3.5 K for the
x = 0.05 sample. The observed maximum gradually disappears with increasing x. It has
been shown that peaks are found in the magnetic susceptibility for J > 3/2 (degeneracy
N = (2J + 1) > 2) and that these peaks become pronounced as the degeneracy increases
[243]. Such peaks have been observed for many Ce- (J = 5/2) and Yb- (J = 7/2) based
Kondo lattice compounds [244, 245, 246, 247, 248, 249, 250]. Note that a similar broad
maximum in the magnetic susceptibility is also observed at a much lower temperature
T ∼ 0.6 K in a CeRuSn3 polycrystalline sample [230], but no maximum is observed
down to 1.8 K in a Ce3Ru4Sn13 polycrystalline sample [227]. µSR and inelastic neutron
scattering studies on the CeRuSn3 compound suggest that the broad maximum at T ∼0.6 K
observed in specific heat and magnetic susceptibility is related to either short-range magnetic
fluctuations or spin-glass dynamics [230, 231].

The magnetization isotherms,M(H), at T = 1.8 K for various x are plotted in Fig. 6.11(d).
The M(H) curves for x = 0.34 and 0.23 follow Brillouin function-like behavior, whereas
the curves with lower x show an increasing slope up to ∼50 kOe. The magnetization value
at 70 kOe for all x reaches ∼0.5 µB/Ce, which is much smaller than the saturated magne-
tization value of the free Ce3+-ion (2.14 µB/Ce). This reduced magnetization value could
be due to the Kondo effect in conjunction with the CEF effect. Since the magnetic sus-
ceptibility measurements for Ce3+xRu4Sn13−x single crystals indicate no magnetic ordering
down to 1.8 K, the slope change clearly observed in M(H) for x = 0.05 cannot be related
to a metamagnetic transition generally shown in antiferromagnets. We note that an abrupt
nonlinear increase of magnetization has been observed in the heavy fermion metamagnet
CeRu2Si2 [251].
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Figure 6.11: (a) Inverse magnetic susceptibility, H/M , of Ce3+xRu4Sn13−x single crystals
at H = 10 kOe along H ∥ [100]. (b) Effective moment µeff and Weiss temperature θp

(inset) as a function of x. Open symbols are taken from previous studies of polycrystalline
Ce3Ru4Sn13 [234] and CeRuSn3 [228, 230]. The dotted line is the theoretical value of the ef-
fective moment for the free Ce3+-ion. (c) Magnetic susceptibility, M/H, of Ce3+xRu4Sn13−x
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0.05. (d) Magnetization isotherms at 1.8 K along H ∥ [100].
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6.3.7 Specific heat measurements of Ce3+xRu4Sn13−x

Specific heat curves divided by temperature, Cp/T , for Ce3+xRu4Sn13−x single crystals are
plotted in Fig. 6.12(a). The curves display a minimum at ∼8 K with Cp/T ∼ 1 J/moleCe-
K2, and show large enhancement below this minimum. The specific heat, Cp, curves below
10 K are shown in the inset of Fig. 6.12(a). A broad hump below 8 K is observed for all x,
which corresponds to the enhancement of Cp/T . For x = 0.05, the observed Cp/T down to
1.8 K is consistent with the earlier polycrystalline Ce3Ru4Sn13 sample [227]. For x = 0.34, a
broad maximum with Cp/T ∼ 4 J/mole-K2 is detected around 0.5 K, which coincides with
a maximum observed from the specific heat measurement of a polycrystalline CeRuSn3

sample [229]. Cp/T of La3.65Ru4Sn12.35 is comparable to that of Ce3+xRu4Sn13−x above
100 K, whereas the difference between the La- and Ce-based compounds becomes significant
below the minimum. Therefore, the upturn below the minimum suggests significant magnetic
contributions.

The nature of the magnetic state of Ce3+xRu4Sn13−x can be inferred by examining the
magnetic contribution to the specific heat Cm. The Cm curves with various x are plotted
in Fig. 6.12(b), where Cm is estimated by subtracting the specific heat of the nonmagnetic
analog La3.65Ru4Sn12.35. For x = 0.05, the Cm curve clearly shows two broad maxima at
∼3.5 K and at ∼50 K. With increasing x the absolute value of Cm becomes smaller for
both maxima, while the broad peak on the high temperature side remains at almost the
same temperature. For x = 0.34, Cm indicates no clear maximum in the low temperature
regime. The electronic contribution to the specific heat is difficult to determine because
Cm/T does not saturate below 8 K. We note that a large C/T value at low temperatures
has been reported for the isostructural Ce3+xRu4Sn13−x family and other compounds with
the Yb3Rh4Ge13-type structure [227, 230, 229, 217, 222, 252].

The magnetic entropy Sm of Ce3+xRu4Sn13−x is estimated by integrating Cm/T , and
is plotted in Fig. 6.12(c). Because of the upturn in Cm/T below 10 K, the extrapolation
of the specific heat to T = 0 cannot be made without ambiguity. Thus, to compare the
evolution of Sm as a function of x, the integration of Cm/T has been performed from 1.8 K
for all x. For x = 0.34, the specific heat is measured from 0.4 K, and thus the entropy is
also estimated by integrating Cm/T from 0.4 K and is plotted in the same figure with a
solid line. As is clear from the case x = 0.34, the total Sm is underestimated by at least
∼1 J/moleCe-K. For x = 0.05, Sm reaches R ln(4) around 100 K, indicating that there are
two doublets mainly influencing Cm, with the third doublet outside of this temperature
window. Although the missing entropy below 1.8 K has to be considered, the magnetic
entropy approaches R ln(2) around 30 − 40 K for all x, suggesting that the low temperature
maximum is mostly associated with either the ground state doublet or the combination of
a doublet and quartet with small CEF splittings. The remaining entropy is removed far
above this temperature.
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Figure 6.12: (a) Cp/T vs T plots for Ce3+xRu4Sn13−x (symbols) and La3+xRu4Sn13−x

(dashed line). Inset shows Cp vs T below 10 K. (b) Cm for Ce3+xRu4Sn13−x. The solid line
is the Schottky calculation with ∆1 = 85 K and ∆2 = 165 K. The dashed line represents the
CEF contributions based on Ref. [231]. (c) Magnetic entropy Sm for Ce3+xRu4Sn13−x. The
solid line is the magnetic entropy obtained by integrating Cm/T from 0.4 K for x = 0.34.
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6.3.8 Origin of high temperature broad peak in Cm of Ce3+xRu4Sn13−x

The high temperature broad peak can be attributed to the Schottky anomaly. Such a
maximum is typically shown in magnetic specific heat due to the splitting of the sixfold
degenerate multiplet in Ce3+ ions. For the x = 0 case (Ce3Ru4Sn13) the Ce3+-ions occupy
only the 6d site, and thus the tetragonal point symmetry at the Ce site splits the J = 5/2
Hund’s rule multiplet of the Ce3+ ions into three doublets. For Ce3+xRu4Sn13−x systems
the analysis of the Schottky anomaly becomes more complex, as the actual occupancy of
Ce-ions at both the 6d and 2a sites (cubic point symmetry) must be considered to properly
account for CEF effects. In the present study (0.05 < x < 0.34) the variation in Cm curves
between samples with lowest x and highest x is about ∼2 J/moleCe-K, which is compa-
rable to the uncertainty in Cm estimation. The absolute value of Cm for Ce3+xRu4Sn13−x

compounds is dependent on the actual Ce-concentrations, and is also largely affected by
the subtraction of the non-magnetic analog La-compound. Due to these uncertainties the
absolute value of Cm can vary by as much as 1.4 J/moleCe-K. In particular, difficulty in
accurately modelling the nonmagnetic contribution with La3+xRu4Sn13−x at high tempera-
tures prevents us from doing quantitative analysis of Schottky contributions as suggested in
Ref. [231]. The Schottky contributions in CeRuSn3, combined with inelastic neutron scat-
tering data, are reproduced by considering a 25% contribution from cubic symmetry and
75% from tetragonal symmetry: the Ce ions at the 2a site have a quartet as a ground state
and a doublet as an excited state with an energy gap ∆ ∼ 95 K, and the Ce ions at the 6d
site have three doublets with energy gaps ∆1 ∼ 72 K and ∆2 ∼ 223 K [231].

For x = 0.05, it is reasonable to assume that cubic CEF effects are negligible, and thus
the Cm curve can be analyzed by considering Ce-ions at only the 6d site. The Schottky
contribution is denoted by a solid line in Fig. 6.12 (b), involving three doublets separated
by ∆1 = 85 K and ∆2 = 165 K. It is clear from the figure that the position of the broad
maximum can be reproduced by the Schottky calculation. We expect that the difference
between Cm and the Schottky calculation is probably due to subtraction error. The Schottky
contribution based on Ref. [231] (dashed line) is also plotted in the same figure, accounting
for CEF contributions from both the 2a and 6d sites. For x > 0.05, the position of the
broad maximum at ∼50 K and the decrease in the absolute value of the Cm curves can
be qualitatively explained by considering CEF contributions according to the multiplicities
of both Ce-site point symmetries. It has to be noted for cubic symmetry sites that the
systematic change in Cm while varying x cannot be reproduced by considering the doublet
ground state. To perform more quantitative analysis it is necessary to have more reliable
composition analysis to obtain actual Ce-ion occupancies between the 6d and 2a sites and
subtract the nonmagnetic contributions accurately.
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6.3.9 Origin of low temperature broad peak in Cm of Ce3+xRu4Sn13−x

At low temperatures, because the absolute value of Cm is not sensitive to subtracting the
specific heat of La-based compound, it is reasonable to assume that Cm solely consists of
Ce-ions’ magnetic contributions. For x = 0.05, the broad peak in Cm at ∼3.5 K may have the
same origin as the broad peak observed in the magnetic susceptibility, which is reminiscent
of the Kondo effect with degenerate ground states. With increasing x, the height of the
broad peak decreases and the peak becomes broader. The specific heat measurement of a
previous polycrystalline Ce3Ru4Sn13 sample shows a broad peak around ∼3 K, where a
very large enhancement of C/T below 8 K accompanied with a broad feature around 2 K is
explained by considering two low lying CEF doublets with ∆ = 8 K and the Kondo effect
with TK = 2 K [227]. Note that the absolute value of the specific heat of Ce3Ru4Sn13 [227]
is roughly twice bigger than that of x = 0.05. In the present study, both the width and
height of the broad peak for all x cannot be reproduced by the Schottky anomaly, ruling out
low lying CEF doublets as its origin. In addition, the entropy recovering R ln(2) at ∼30 K
is inconsistent with two low lying CEF doublets with a small splitting.

For Ce- and Yb-based Kondo lattice compounds, the Kondo temperature TK and the
ground state degeneracy play important roles in the thermodynamic and transport prop-
erties [253]. The peak observed in χ(T ) and Cm(T ) may be a result of the orbital effect of
total angular momentum J larger than 1/2, as proposed by Coqblin and Schrieffer (C-S)
[254]. In this model the multiplicity N = 2J + 1 of the total angular momentum plays an
important role in stabilizing the Kondo state and raising the Kondo temperature TK . The
Kondo impurity problem in the Coqblin-Schrieffer model has been numerically calculated
for several total angular momenta by Rajan [243]. Generally specific heat and magnetic
susceptibility show a maximum for N > 2 and the temperature of the maximum is related
to TK [243]. The low temperature Cm curves for x = 0.05 and 0.34 are compared with Ra-
jan’s calculations as shown in Fig. 6.13(a). The maximum in Cm for x = 0.05 falls between
the J = 1/2 and 3/2 curves, indicating that the Kondo effect combined with CEF splitting
scheme will not allow this very simple type of analysis. By considering the entropy and the
large Cm/T value at low temperatures it is expected that TK < ∆ for all x, where ∆ is the
energy gap between the ground and first excited states of CEF levels. Based on this, for x =
0.05, it is reasonable to assume that the maximum in Cm simply reflects the Kondo effect,
with the doubly degenerate case corresponding to N = 2. For x = 0.34, the two extrema in
the specific heat data associated with Kondo effects on the CEF ground states of both the
6d and 2a sites could be expected. However, only one broad peak structure is developed.
We thus expect that a single broad maximum is produced by merging more than one peak
structure associated with different Kondo temperatures for the 2a and 6d sites. A similar
analysis can be made by performing a fit to the magnetic susceptibility over a wide temper-
ature range. As shown in Fig. 6.13(b) the magnetic susceptibility curves for both x = 0.05
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and x = 0.34 cannot be explained by the C-S model with any J value over the entire tem-
perature range measured. Therefore, we compare the height of the maximum with the C-S
model. When the magnetic susceptibility for x = 0.05 is scaled with χ0 = 0.031 emu/mole
and T0 = 14 K, the broad maximum can be described by the J = 5/2 case, implying that
the state with N = 6 is Kondo screened and TK > ∆. However, in the high temperature
regime, the susceptibility curve follows the C-S model with J = 3/2. This is in contrast with
the magnetic specific heat analysis. Interestingly, when the susceptibility curve for x = 0.34
is scaled with χ0 = 0.068 emu/mole and T0 = 4.5 K, it follows the χ(T ) curve of x = 0.05,
implying that there might be a maximum below 1.8 K in χ(T ) for x = 0.34. Given the
above analysis, the CEF splitting scheme with doublet and quartet ground states will not
allow this very simple type of analysis with the Kondo interaction. It has to be noted that
the maximum in χ(T ) and the metamagnetic-like transition can be developed with Kramers
doublet (N = 2) as evidenced from CeRu2Si2 [251], where the anisotropic hybridization is
suggested to be the origin [255, 256]. Further studies are necessary to understand the origin
of the maximum in χ(T ) and the metamagnetic-like transition in M(H) for x = 0.05.

6.3.10 Other perspectives on physical properties observed in Ce3+xRu4Sn13−x

The electrical resistivity, specific heat, and magnetic susceptibility data suggest that Ce3+xRu4Sn13−x

compounds are heavy fermion Kondo lattice systems with complex CEF schemes. However,
it shouldn’t be discarded the possibilities that the low temperature physical properties result
from magnetic fluctuations, disorder, or spin glass. Neutron scattering and µSR studies on
CeRuSn3 suggest that the low temperature broad peak is related to short-range magnetic
fluctuations or spin-glass dynamics [230, 231]. Although no hysteresis is observed for all
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samples in this study, the low temperature specific heat and magnetic susceptibility may
result from the spin glass. The key ingredients for spin glass behavior are frustration and
disorder (randomness). When Ce atoms at 6d site are considered, the Ce sublattice forms
icosahedra, but distorted. Within each icosahedron, the Ce atoms are located on isosceles
triangles with a distance ∼4.86 Å from the nearest Ce atoms and ∼5.95 Å from the next
nearest Ce atoms. When three Ce-spins are placed on isosceles triangle (not placed on equi-
lateral triangle), the frustration is not expected in this system. Therefore, the spin glass
behavior observed in earlier studies might be caused by the disorder.

With regard to the disorder, the formation of superstructure mostly related to the
distorted icosahedra in the Yb3Rh4Sn13-type structure is evidenced [257] and the Ce oc-
cupancies at both the 6d and 2a sites are critical to interpret the physical properties on
Ce3+xRu4Sn13−x system [230]. In addition, the electrical resistivity of Ce3Co4Sn13 [252] and
Ce3Rh4Sn13 [258] show anomalous behavior below the structural phase transition which is
due to a small distortion of trigonal Sn prisms around transition metal ions. Interestingly,
the Weyl semimetal state is suggested in these compounds, where the crystal structure be-
comes a chiral space group I213 below the structural phase transition [259, 224]. Although
thermodynamic and transport property measurements of Ce3+xRu4Sn13−x indicate no no-
ticeable structural phase transition below 300 K, a weak superlattice formation shouldn’t
be neglected because a polycrystalline Ce3Ru4Sn13 sample shows signs of a weak structural
change in XRD and XPS measurements [236].

6.4 Summary

We have grown single crystals of Ce3+xRu4Sn13−x (0.05 ≤ x ≤ 0.34) with varying Ce/Sn
loading compositions, and investigated their physical properties through measurements of
EDX, powder X-ray diffraction, electrical resistivity, magnetization, and specific heat. The
compound La3.65Ru4Sn12.35 shows typical metallic behavior down to 2.1 K and undergoes
the BCS-type superconducting transition below 2.1 K. For Ce3+xRu4Sn13−x, the magnetic
susceptibility measurements show that the 4f -electrons of the Ce3+-ions are well localized.
The electrical resistivity of Ce3+xRu4Sn13−x follows typical Kondo lattice behavior. Upon
increasing x from 0.05 to 0.34, the absolute value of the resistivity increases and the observed
minimum temperature moves to higher temperature. While the structural disorder can lead
to a significant change in resistivity value as well as the observed temperature dependence,
it cannot explain the Kondo lattice behavior observed in this study. At low temperatures,
magnetic susceptibility and specific heat show a pronounced broad maximum at T ∼ 3.5 K
for compounds with small x, and the broad maximum disappears as x increases. The maxi-
mum cannot be explained by the very simple type of analysis with the Kondo interaction in
conjunction with CEF effects. To understand the observed thermodynamic and transport
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properties of the Ce3+xRu4Sn13−x system, the disordered Ce ions at the 2a site and fully
ordered Ce ions at the 6d site must be considered.
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Chapter 7

Summary

This thesis has undertaken a comprehensive exploration of four distinct systems: CeCd3P3,
RV6Sn6, RNi4Cd and Ce3+xRu4Sn13−x. Each of these systems possesses unique character-
istics, providing insights into the effects of magnetic frustration and low-carrier density on
4f magnetic systems.

Both CeCd3P3 and RV6Sn6 (R = Gd−Tm) crystallize into a hexagonal structure, where
the rare-earth ions form hexagonal layers separated by non-magnetic layers. This structural
arrangement leads to strong magnetic anisotropy due to the closer proximity of the nearest
neighboring rare-earth ions within the plane compared to along the c-axis, resulting in the 4f
moments being pseudo-2D-layered systems. CeCd3P3 is a low-carrier density metallic system
exhibiting an emergent spin-orbit entangled doublet ground state at low temperatures,
effectively behaving as a spin-1/2 system. Despite exhibiting antiferromagnetic ordering
below TN of 0.41 K, the significant electronic specific heat above TN suggests the presence of
magnetic frustration. Interestingly, CeCd3P3 deviates from the typical behaviour observed
in Kondo lattice systems, indicating negligible hybridization with conduction electrons.
This observation highlights the importance of carrier density in heavy fermion systems and
emphasizes the role it plays in complex magnetic phenomena.

In contrast, RV6Sn6 presents sufficient carrier density expected of a typical metal. The
heavy rare-earth ions in RV6Sn6 also exhibit strong magnetic anisotropy, with an easy
magnetization direction along the c-axis for R = Tb−Ho and in the ab-plane for R = Er
and Tm. This behaviour is a consequence of the crystal electric field effects on the rare-
earth ions. The magnetic ordering temperature for R = Gd is TN = 5 K, and it decreases as
expected according to the de Gennes factor, which is an indication of RKKY exchange inter-
actions. When an anisotropic RKKY interaction, together with the Dzyaloshinskii–Moriya
interaction, is considered, 4f moments on geometrically frustrated lattices are known to
form stabilized chiral magnetic structures, such as skyrmions. Hence, building upon the
knowledge gained from RV6Sn6, the discovery of more metallic systems with 4f moments
on geometrically frustrated lattices is necessary to understand the effects of geometrically
frustrated lattice on exotic phenomena associated with various spin structures.
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The magnetic properties of RNi4Cd, as well as the previously reported RT4X, were
studied regarding their geometrical frustration. In RT4X, R atoms form a face-centred
cubic lattice. The RT4X family comprises several isostructural compounds with varying
TN and θp values upon substitution in the R, T and X positions, enabling exploration of
the relationship between parameters affecting magnetic properties. It was observed that θp

in GdT4X was suppressed by strong antiferromagnetism with lattice contraction, except for
GdCu4Pd. The suggested magnetic frustration in RCu4In, where θp is much larger than TN

(f > 10), is due to the low-carrier densities. For metallic GdT4X, the frustration parameter
is near 1, and the variation of θp is associated with the distance between rare-earth atoms
and the number of electrons contributing to the conduction band. It was observed that
substituting different X in GdCu4X may cause θp to change from a large negative to a large
positive value due to the completely filled d-shell in Cu and the progressive removal of the
s-electron in X, which was accompanied by a decrease in the lattice parameter. In contrast,
the incomplete d-shell in Ni-based GdNi4X resulted in a trivial θp, necessitating further
investigation into the role of d-electrons in the 4f–4f exchange interaction manifested by
θp. When substituting R from Gd to Tm in RNi4Cd, we observed that θp remained close
to zero. Based on this finding, we anticipate that θp of YbNi4Cd would also be close to
zero if no other contributions existed. However, the moderate value of θp (-17 K) observed
in contrast to TN (1 K) in YbNi4Cd likely resulted from the hybridization between the 4f
and conduction electrons, thereby eliminating geometrical frustration as a driving factor
for the large |θp/TN |. At this point, it is premature to conclude that there is negligible
magnetic frustration in YbNi4Cd. Drawing from studies of the heavy rare-earth series, it
is possible that the d-electrons contributing to the conduction band in Ni-based RNi4X
compounds may have played a role in the unconventional quantum criticality observed in
YbNi4Cd. Therefore, it is essential to find supporting theoretical and experimental evidence
to validate this hypothesis.

Finally, to gain insights into the anomalous magnetic behaviour exhibited by Ce3+xRu4Sn13−x,
the ground state of this compound was investigated, particularly focusing on the role of low-
carrier density. The presence of a broad maximum in specific heat is a common characteris-
tic observed not only in this system but also in the isostructural R3+xT4X13−x compounds
(where R = Ce and Yb, T = Ru and Ir and X = Ge and Sn). In Ce3+xRu4Sn13−x, Ce
ions occupy the 6d and 2a sites, with full and mixed occupancies, respectively. The initial
loading compositions of Ce and Sn can control the occupancy of Ce at the 2a site, which
significantly influences the physical properties of the compound. The electrical resistivity of
Ce3+xRu4Sn13−x undergoes a transition from Kondo lattice behaviour to semiconductor-like
behaviour as x increases. Moreover, the broad maximum observed in magnetic susceptibil-
ities and specific heat at around 3 K disappears with increasing x. Our analysis indicates
that these broad peaks can be qualitatively explained by considering the Kondo interaction
and CEF degeneracy for any J . Notably, the slight discrepancy between the calculated and
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observed peaks suggests that the observed broad peak may arise from the merging of the two
peak structures associated with different Kondo temperatures for the 2a and 6d sites. The
absence of clear long-range magnetic ordering in these systems could be attributed to weak
RKKY interactions due to low-carrier density, but it also raises the possibility of Ce expe-
riencing relatively different Kondo interactions at these Ce sites. Hence, the R3+xT4X13−x

system, where R = Ce and Yb, exhibits complex magnetic properties influenced by the
relative energy scales of the RKKY and Kondo interactions, which are further affected
by low-carrier density and disorder at the 2a site. Further experimental investigations are
necessary to fully comprehend the nature of magnetism arising from the 6d and 2a sites,
particularly by utilizing the S-state of Gd. For instance, investigating Gd3+xT4X13−x can
help eliminate the influence of both the CEF and Kondo effects.

Based on the findings obtained from the intermetallic systems studied in this thesis, it
was observed that the effect of the geometrically frustrated lattice on the magnetic properties
of metallic systems was not as pronounced as in the frustrated 4f lattices of insulators.
This is likely due to the conduction electrons playing a role in stabilizing the ordering of
4f moments over long ranges. Clear indications of magnetic frustration are challenging to
observe in high-carrier-density metals, as seen in the cases of RV6Sn6 and RNi4Cd. We
also observed a weakening of RKKY interactions, destabilizing the long-range coupling of
4f moments in Ce3+xRu4Sn13−x, as well as the absence of Kondo interactions in CeCd3P3

when there were few available carriers. Therefore, a more comprehensive phase diagram
accounting for lattice geometry and carrier density is required for heavy fermion systems to
generalize these observations.
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